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On the Uniformization of Analytic Sets
with countable sections

(Abstract)

Yutaka YASUDA
Tokai University

In (Ya 1) we annaunced the following results:

(1) Every analytic set in the plane with countable sections

can be uniformized by the difference of two analytic sets.

(11) There is an analytic set in the plane with countable

sections which cannot be uniformized by an analytic set.
Clearly we have

(111) ~ There is an analytic set in the plane with countable

sections which cannot be uniformized by a co-analytic set.
But we cannot decide the following proposition:

(*) There is an analytic set in the plane with countable
sections which cannot be uniformized by the sum of an analytic

set and a co-analytic set.

In my visiting Berkeley at the March of 1984, Professor

Addison pointed out me the following more weak propositions

(**) There is an analytic set in the plane with countable
sections which cannot be uniformized by either an analytic set

or a co-analytic set.



For (**) we can show

THEOREN 1. 'There is a 22% set A in the plane with
the following propertes:
(1) For each real o £0 . {B sh(e, B )} . is nonempty
and at mosttwo elements.
(ii) A cannot be unifor@ized by either an ahalytic set or

a co-analytic set.

Assuming projective determinacy, we can extent the theorem

to

THEOREN 2. There isa . - set A in the plane

with the following propertiess

(1) For each real & A<*>ig nonempty and has at most two

elements.

(ii) A cannot be uniformized by either a 1 set or a
v , £=2n+l

1
—{T 2n+l sete.
~~

For the proofs of these, see (¥a 2). Also full uniformi-
zation problem of analytic sets the resder can be found in (Mo)

and (Ya 3).
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