
On uniformly convex functions

$\searrow_{(}^{\vee}|\mathrm{C}’ 1_{1})\mathrm{i}111\mathrm{i}$ U(.lloyama(和歌山大. 教育. 上野山好美)*

Abstract
$\mathrm{A}.\mathrm{W}.\mathrm{G}_{\mathrm{t})\mathrm{t}})\mathrm{t}1111\subset.\iota 11[1]\mathrm{i}11\mathrm{t},1^{\cdot}()(1\iota 1(j(^{\backslash },\mathrm{t}1\dagger,1_{1}\mathrm{t}^{\backslash },$ $\mathrm{g}(^{\backslash }’()111\mathrm{t}\backslash ,\mathrm{t}_{1},\cdot \mathrm{i}1j_{\dot{\mathrm{e}}}\iota 11.\mathrm{v}(1\mathrm{t}\backslash ,\mathrm{f}\mathrm{i}_{1}11^{\backslash }\mathrm{d}\mathrm{C}1_{\mathrm{c}}\tau|9\iota\iota_{\{}UCV$

of $\iota 11\mathrm{i}\mathrm{f}_{01}\cdot 1111.\mathrm{y}(\langle)11\mathrm{V}1^{\backslash },\mathrm{X}\mathrm{f}\iota\iota 1\iota \mathrm{t}\cdot,\mathrm{t}|\mathrm{i}(1\mathrm{l}\mathrm{H}\mathrm{o}\iota 1\mathrm{t},11$( $\mathrm{t}111\mathrm{i}\mathrm{t}_{1}$ disk: $1_{1\mathrm{t}_{\text{ノ}^{}\backslash }(}\backslash ,,\backslash ^{\backslash }\mathrm{t},C\tau|$ ) $1\mathrm{i}_{\mathrm{i}1_{1}}|\mathrm{c}\mathrm{Q}(1\mathrm{h}’ \mathrm{t})\mathrm{U}\mathrm{l}\mathrm{C}$

$\dagger,1\mathrm{l}1^{\backslash },()1^{\cdot}\langle\backslash .111^{\mathrm{t}^{1}\mathrm{f}_{\mathrm{t})}}|\backslash 1^{\cdot}\mathrm{t},1\iota \mathrm{i}^{\mathrm{t}}|\dagger\langle j1\dot{C}\iota 19^{\iota}|\mathrm{i}$ . $\mathrm{I}1,\mathrm{t}^{\backslash }1j(^{1}.11\mathrm{t},1.\mathrm{v},$

$|1)111\mathrm{c}\tau \mathrm{I}11_{(}^{\cdot}\iota \mathrm{t}|1_{1(}\backslash _{1}1\text{ノ}1\dot{t}\iota \mathrm{t},\mathrm{i}(j\mathrm{i}(.\iota 11\mathrm{s}|\mathrm{c}\mathrm{i}1_{1(})\mathrm{W}\mathrm{t}’\backslash \langle \mathfrak{j}\mathrm{t})1\mathrm{l}\mathrm{t}\backslash ,-$

$\mathrm{v}_{\dot{\mathrm{f}}}\iota 1^{\cdot}\mathrm{i}\dot{(}\mathrm{t}|\mathrm{I})]_{\mathrm{t}}\backslash$. $\mathrm{t}.1_{1}(.\mathrm{t}1_{\dot{\mathrm{t}}}\iota\langle:1,1^{\backslash }.1^{\cdot}\mathrm{i}’/,\dot{i}\iota e\mathrm{t},\mathrm{i}_{1)1}1\mathrm{f}_{\mathrm{t})1}\cdot \mathrm{f}_{\mathrm{t}11}11j\mathrm{t}_{1}\mathrm{i}_{\mathrm{o}1}1$ ill $UCV\mathrm{W}1_{1}\mathrm{i}_{\mathrm{t}j}1_{1}(\mathrm{t}1^{\cdot}(^{\backslash },$ closely $1^{\cdot}\mathrm{t}^{1_{-}}$,

$1_{\mathrm{c}\mathrm{t}}‘ \mathrm{t},\mathrm{t}^{\backslash }$,(1 to $\mathrm{c}_{()}\mathrm{t}$) $\mathrm{t}1_{1}11i\iota,11^{\cdot}\mathrm{I}(mathrm{t}j1_{1}i\mathrm{t}1^{\cdot}e\subset \mathrm{t}(j\mathrm{f}_{1(}\backslash 1’\cdot \mathrm{i}’/_{lC}\lambda \mathrm{t}\mathrm{i}\mathrm{t})11^{\mathrm{c}},1, \mathrm{f}_{\mathrm{t})1\mathrm{C}}.\mathrm{X}C\gamma 111\iota)1_{\mathrm{t}}\backslash \mathrm{M}\dot{C}\iota i\iota 11(1\mathrm{M}\mathrm{i}11(1\text{ノ}\dot{\mathrm{c}}1[2]$,
$1\iota_{()111},1\mathrm{i}_{1\mathrm{l}}\mathrm{b})[3]$ .

Ill $\mathrm{t},1_{1}\mathrm{i}|\mathrm{s}\mathrm{H}1\mathrm{l}(1^{\cdot}\mathrm{t}_{1},)_{\subset}\iota 1^{)}\mathrm{t}\backslash 1’$ . we $\mathrm{g}\mathrm{i}\mathrm{v}$(’ a $(^{\backslash }.\mathrm{X}_{\dot{C}}\iota 1111^{)}1(,\mathrm{H}i\mathrm{t}$

$\dot{t}\iota 11\mathrm{t}1^{\mathrm{c}}|\{11\mathrm{t}\mathrm{f}\mathrm{i}(.\mathrm{i}(^{\backslash }.11\mathrm{t}^{-}, \mathrm{t}:1)11(\iota \mathrm{i}\mathrm{t}\mathrm{i}\mathrm{l})11$ of $\uparrow,1\iota\langle_{\text{ノ}^{}\tau 1\mathrm{t}}\mathrm{t}j\dot{C}|\mathrm{s}\iota \mathrm{S}UCV_{1/}$ .

1 Introduction
Let, $A(1_{(11\{}\backslash )(_{1^{\backslash }},,$ $\mathrm{t},1_{1}(\backslash$. $\mathrm{t}:1\dot{C}\iota|\iota \mathrm{i}_{1}\mathrm{q}$ of $\mathrm{f}_{\mathrm{t}11}1(j\mathrm{t},\mathrm{i}()11_{1;}\mathrm{c}$ of $\mathrm{t},1\iota \mathrm{t}_{\text{ノ}}1\mathrm{f}\mathrm{o}\mathrm{l}\cdot \mathrm{n}\mathrm{l}$

(1.1) $f( \mathrm{z})=\mathrm{z}+\sum_{\prime 1=2}^{\infty}./\iota|[] \mathrm{z}^{\}\iota}$

wllit $j11i\mathrm{t}1^{\cdot}(\backslash \dot{(}\iota,\iota 1i\iota 1_{\mathrm{Y}}.\mathrm{t},\mathrm{i}\mathrm{t}j\mathrm{i}_{11}\mathrm{t}1_{1}(;(1)\mathrm{t}^{\tau}\prime 11$ tllit, disk $U=\{\mathrm{z} : |\mathrm{z}|<1\}$ . Let, $S$

$(1_{\mathrm{t}^{\backslash }},11\langle)\mathrm{t}_{\mathrm{t}},\backslash \dagger,11\mathrm{t}^{\backslash }$ . $\mathrm{t}.1_{\dot{C}}1,|\backslash \cdot \mathrm{H}$ of $11()1^{\cdot}111\mathrm{c}\psi \mathrm{i}\gamma,(_{\text{ノ}}\backslash _{1}1\subset.\iota \mathfrak{U}C\lambda 1.\mathrm{y}\mathrm{t},\mathrm{i}(j_{\dot{C}\iota 1}1(1_{1}\iota 11\mathrm{i}\mathrm{V}_{C\iota}’1_{\mathrm{C}}1)\{,$
$\mathrm{f}\iota 111(j\mathrm{t},\mathrm{i}\mathrm{t})11^{\{},\dagger$ in $U$.

$\mathrm{W}\mathrm{t}^{\backslash },$ $(1_{1^{\backslash }11\mathrm{t}})\mathrm{t},1^{\backslash },$ $\mathrm{t}.1_{1\langle^{\backslash \mathrm{t}}},$$|\mathrm{i}\mathrm{l}1\iota_{)}\langle.1_{r^{\mathrm{t}}}\eta \mathfrak{n}\{|\aleph$ of $S_{\mathrm{c}}‘\iota|\mathrm{S}\mathrm{f}()11_{1})\mathrm{W}|\iota$ { :

(1.2) $I\iota’=\{f(_{/\vee}^{\sim})\in\Lambda$ : $\Re\{1+\frac{\nearrow f’}{f(\mathrm{z})},\}>()$ , $\nearrow$. $\in U\}$ .

$\mathrm{s}F\mathrm{r}/(.\cdot.\mathrm{t}’.l.t!’(’\int E/\prime_{1/},.(.’ r’.t,iC)\gamma t$ . $\mathrm{w},.k.\gamma\iota_{!}/(l,m.’|,$ $U_{71.?}^{\cdot}.\cdot|’\gamma J,?\cdot. i,t\uparrow/\cdot$ Wa.ka, $!/(/,r\prime 1,(|,$
$\sigma \mathit{4}\mathit{0}$ . $J_{l\prime_{l^{\prime\prime.7}}},’ l\cdot$

数理解析研究所講究録
917巻 1995年 101-105 101



$K\mathrm{i}\mathrm{H}\mathrm{t}’\dot{c}\iota.11_{\mathrm{t}^{\backslash }}\langle 1\mathrm{t},1\mathrm{l}\{\backslash$

, llsua,l $(i1\dot{c}\iota^{\mathrm{t}}|\}_{1\{}^{\mathrm{t}}$ of $\mathrm{t}\cdot,\mathrm{t}11\mathrm{v}(^{1},\mathrm{x}\mathrm{f}\mathrm{t}1111j\mathrm{t}_{\dagger}\mathrm{i}\mathrm{t}11^{\backslash }.\{$.
$\mathrm{D}e\mathrm{f}\mathrm{i}1\mathrm{u}\mathrm{i}\mathrm{f}|\mathrm{i}_{0}111.$ A $t11\mathit{1}1’\cdot t,i\mathrm{c}’ \mathit{1}\iota f$ is $|\mathrm{S}i\mathrm{t}i\mathrm{c}l(,(l)(’ \mathrm{t}\iota \mathit{1}1ifo1^{\cdot}\mathit{1}\iota 1\mathit{1}_{Y}.((’ \mathit{1}\mathit{1}$vex ill $U$ if
$f(z)\mathrm{i}_{1}\backslash ;j|_{1}\mathit{1}|\mathrm{t}’ 1^{\cdot}l\downarrow\downarrow\dot{c}\mathfrak{l},l\mathrm{i}’/J(^{\tau}.\mathrm{C}l(f(\mathrm{t}))=f’(\mathrm{t}))-1=())\mathrm{c}:\mathit{0}\mathit{1}\mathit{1}$vex $f_{11}\mathit{1}\mathrm{J}(:t.\mathrm{i}o\mathit{1}l$ it$\mathit{1}\mathit{1}(l\mathit{1}_{1_{\dot{C}\iota \mathrm{t}}}\backslash$

$t_{\mathrm{t}} \mathit{1}1(|\int’ \mathit{1}’ {}^{\mathrm{t}}l^{)}\mathrm{t}!\mathit{1}t_{}.\gamma l.\mathit{1}\mathit{1}i|.|_{1}\mathit{1}\dot{‘}’\iota\cdot(^{\backslash }.\iota^{\gamma_{(^{\backslash }\mathit{1}}}\cdot.\gamma(i_{\mathit{1}\langle \mathrm{t}\mathit{1}}\cdot l_{i}\mathrm{t},1^{\cdot}\dot{\prime}\mathrm{t},1^{\cdot}(:\gamma((’ \mathit{1}1\mathrm{t},i$a$i_{l1(^{\backslash }(}.li_{\mathit{1}}1$ [T. $wi$ th $((’ \mathit{1}1\mathrm{f},(’ \mathit{1}^{\cdot}$

$i\iota]_{1}\mathrm{e};(’ i\mathit{1}\downarrow l\Gamma$ . $\mathrm{t}l1^{1}‘,il1\mathit{1}\dot{c}\mathrm{t}_{b}^{\mathrm{t}(^{\backslash },i\mathrm{t}},’.\mathit{1}^{\cdot}(:f(\gamma)i,‘$ ; il $(.()\mathit{1}11r_{(,\mathrm{x}_{\dot{c}\mathrm{t}\iota}}\backslash \cdot(:$ .

(1.3)

$UCV= \{.f\cdot\{\approx)\in I\mathrm{f}: ’ \mathrm{J}\mathfrak{i}\{1+\frac{(z-()f^{\prime/}\langle_{Z)}}{f(z)},\}\geq \mathrm{t}). ((z.(.)\in U\cross U)\}$

So $\mathrm{f}_{i\mathrm{t}1}\cdot\dagger,1\mathrm{l}\mathrm{i}|\mathrm{i}\iota\dagger,\mathrm{W}()- \mathrm{V}_{\dot{C}\iota}1^{\cdot}\mathrm{i}_{\dot{r}\iota}$[ $)1(^{\backslash }\prime \mathrm{t}j11_{\dot{C}}\mathrm{u}\cdot i\iota(j\mathrm{t}_{1},\backslash \mathrm{J}_{arrow\cdot \mathrm{i}/\iota}\text{ノ}r_{\dot{\mathrm{f}}},\mathrm{t}\mathrm{i}\mathrm{t})111_{1\subset}.\mathrm{t}\iota 911\mathrm{t})\mathrm{f}_{1}1_{\mathrm{t}\}(}1$ t,o $\dot{‘}\iota 11.\mathrm{y}|\mathrm{s}1_{1_{(}}\backslash 1^{\cdot}1$ ) es-
$\mathrm{t},\mathrm{i}\mathrm{l}\mathrm{l}\mathrm{l}\subset\backslash \mathrm{t},(\backslash ,\mathrm{H}\mathrm{f}_{1)1}.. \mathrm{t},1_{11^{\tau}}, \mathrm{t}i1_{\dot{c}}\iota^{\tau}‘ \mathrm{t}\mathrm{i}\mathrm{H}UCV.\grave{\mathrm{M}}_{\dot{c}\mathrm{t}}\mathrm{e}\mathrm{T}\mathrm{l}\mathrm{l}\mathrm{e}\{\mathrm{M}\mathrm{i}_{\mathrm{l}\mathrm{l}\mathrm{t}}1_{\dot{C}\iota}\mathrm{i}11\mathrm{t},1^{\cdot}\langle)(\iota 1\iota \mathrm{t}j\langle^{\backslash }\text{ノ}(1011(^{\backslash },- \mathrm{V}\dot{\mathrm{c}}1.1^{\cdot}\mathrm{i}\mathrm{f}\mathrm{u}1)1_{\mathrm{t}^{\backslash }}\text{ノ}$

$\mathrm{t}i11\dot{c}|,1_{\dot{C}\iota}^{\cdot}\langle,\cdot\{.\mathrm{t}^{\backslash }1^{\cdot}\mathrm{i}’/,i\mathrm{t},\mathrm{t}.\mathrm{i}()11\mathrm{f}_{\mathrm{t})1}\cdot \mathrm{f}_{1}\iota 11\mathrm{t}\text{ノ}.\mathrm{t}|\mathrm{i}()11|\mathrm{q}$ $\mathrm{i}_{\mathrm{l}1}$ $UCV$ wllit $j1_{1}\dot{c}\iota 1^{\cdot}1_{\text{ノ}^{}\backslash }$ closely $1^{\cdot}\mathrm{t}^{11_{\subset \mathrm{t}}J},\cdot \mathrm{t}_{1}\mathrm{t}^{\backslash }(1\mathrm{t}_{1}\mathrm{o}$

$\mathrm{c}_{()\langle)\langle}1_{111}i\iota 11^{\mathrm{L}}|\}(j1_{1_{\dot{C}\iota}}1_{\dot{(}}|,1j\dagger,(_{\text{ノ}^{}\backslash }1^{\cdot}\mathrm{i}r/ii\mathrm{t}\dagger,\mathrm{i}\mathrm{t})11\mathrm{H}$ .

Theorem A. $A,( \mathrm{i}^{\mathrm{e}}|;1l\int l\mathit{1}\mathrm{t})\mathrm{t}l1j\iota,t,$
$f\mathrm{t}Z)$

$\mathrm{i},\mathrm{g}$ llololnolpllic $\dot{t}\mathrm{t}\mathit{1}l(l\mathit{1}()(i\iota \mathit{1}l.\gamma\iota \mathrm{l}\mathit{1}\mathit{1}i_{\mathrm{V}d\mathit{1}l\mathrm{t}}\dot{c}(\text{ノ})$

in $Uw\mathrm{i}$ th $f\cdot \mathfrak{l}^{())}=f’(())-1=$ $()$ . $T\mathit{1}_{1(_{\text{ノ}}\mathit{1}1}\tau$ tlic following $i\mathrm{t}l\cdot \mathrm{t}^{\})(}(\mathit{1}^{11\mathrm{i}}v\dot{c}\mathrm{t}\mathit{1}(_{\text{ノ}^{})}\mathit{1}1t,:$

$(\mathrm{i}).f\cdot(z)\in UCV$ .

(ii) $\Re\{1+\cdot,\frac{\nearrow f^{\prime/}(z)}{f(\nearrow)}.\}>|.,\frac{zf^{\prime/}(_{Z)}}{f(z)}|$ $(z\in U)$ .

2 A example
$\mathrm{T}1_{1(^{\backslash }}$

, $\mathrm{f}\mathrm{o}\mathrm{l}1_{\mathrm{o}\mathrm{W}\mathrm{i}\mathrm{g}}\iota \mathrm{l}$ $(^{\backslash }\text{ノ}\mathrm{x}_{\dot{r}\iota}1111^{1_{1^{\backslash }\mathrm{w}\mathrm{i}}})\text{ノ}111)\mathrm{t}\tau$, usefill. $\mathrm{G}\mathrm{t}$) $()(1111’(\mathrm{t}\mathrm{l}\mathrm{l}1)1^{\cdot}\mathrm{t})\mathrm{V}1^{\backslash },(1\mathrm{f},1_{1}i\mathrm{t}\mathrm{t}_{1}$

Theorenl B. $T\mathit{1}_{l(_{\text{ノ}^{}1}}f_{\mathrm{t}\mathrm{t}\mathit{1}}l(:t\prime io\mathit{1}l$

(2.1) $.f\cdot\langle_{/}\sim.$ ) $= \frac{z}{1-A^{\mathrm{y}}},’.=z+\sum_{||=\mathit{2}}^{\infty}.A^{l}1-|z^{1}$
’

$i_{1}\backslash ^{l}$ in $UCViH^{\cdot}|A| \leq\frac{1}{3}$ .

It, is $(i1_{\mathrm{t}^{\backslash }}\dot{r}\iota,1^{\cdot}\mathrm{f}_{11)111}\mathrm{t}_{\int}1_{1(^{\backslash }(}\text{ノ})1^{\cdot}\langle\backslash J111\mathrm{D}$ t,llat, tlle $\mathrm{f}\iota \mathrm{t}\mathrm{l}\mathrm{l}\mathrm{t}j\mathrm{t},\mathrm{i}\mathrm{t}$)$11f(z)= \frac{z}{1-\nearrow}$.
$\mathrm{i}_{\mathrm{H}}11\mathrm{O}\mathrm{t}_{\mathrm{t}}$

$\mathrm{i}_{\mathrm{l}1}UCV$. $1$ ) $\iota\iota\dagger$ , it, is $\mathrm{i}_{\mathrm{l}1}K\mathrm{w}_{\mathrm{t}^{1}}\text{ノ}$ llave
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$\mathrm{E}\mathrm{x}\mathrm{a}\mathrm{l}\mathrm{n}\mathrm{l})\mathrm{l}\mathrm{e}1.$ It
$\cdot$

$\mathrm{t}$ ) $<’/ \cdot\leq\frac{2}{7}\approx \mathrm{t}1.28_{\backslash }\ulcorner$) $7<().?.9$ . tllcl1 the $f\iota m1:t,i\mathrm{o}\mathit{1}\mathit{1}$

(2.2) $f(_{/}^{\sim}.)= \frac{z}{1-\nearrow}$. $= \sum_{1t=\mathrm{I}}^{\infty}z$

”

$\mathrm{i}_{1}\mathrm{s}i_{\mathit{1}\mathit{1}}UCV$ .

$\iota’\uparrow\cdot \mathrm{o}\mathrm{o}f’$. A $\mathrm{H}\mathrm{i}1111$ ) $11^{\backslash },$

$\mathrm{t}iO1111^{)}11\mathrm{f},\mathrm{a}\mathrm{t},\mathrm{i}\mathrm{o}\mathrm{l}\mathrm{l}$ HllowH $\mathrm{f},1_{1\mathrm{a}}\mathrm{t}$, for $\mathrm{t},1\mathrm{l}\mathrm{i}\mathrm{H}\mathrm{f}111(j\mathrm{t},\mathrm{i}_{01}1$

(2.3) FR $\{1+\frac{\nearrow f^{\prime/}(Z)}{f(\nearrow)},.\}-|\frac{zf’’(z)}{f(z)},|=\Re\{1+\frac{2z}{1-\nearrow\vee}\}-|\frac{2\nearrow}{1-\nearrow}.|$ .

$\mathrm{W}\mathrm{t}^{\backslash },\backslash _{1}^{1}\mathrm{t}^{\backslash \mathrm{f}\prime},.’$. $=’/(jjl \mathit{1}. \mathrm{F}\mathrm{o}1^{\cdot}()<’\leq\frac{2}{7}\approx().28_{\mathit{0}}^{\ulcorner}7<\{).29,$
$\mathrm{W}\mathrm{t}^{\mathrm{Y}}$, llave

$. \cdot\frac{1-\iota^{\underline{J}}-2\uparrow\cdot\sqrt{2-2_{7\mathrm{t}j}\mathrm{t})\mathrm{t}\dagger(j}}{1+\uparrow\cdot\approx-J2\prime \mathrm{t}j\mathrm{t})1(;\theta}..>\{)$

$()1^{\cdot}$

(2.4) $1-\uparrow.\cdot-\underline{)}2\uparrow\cdot\sqrt{2-2r(()\mathrm{H}\theta}>()$ .

1

$\mathrm{I}(, \mathrm{i},\backslash _{1^{)\mathrm{t}}\cdot\prime}’)^{\mathrm{t}}|\backslash _{\mathrm{t}}’ \mathrm{h}|\mathrm{i}|)11\backslash \mathrm{t},11\mathrm{a}\mathrm{t}_{1}\mathrm{i}_{11\mathrm{t},11}\mathrm{i}_{\mathrm{H}}(^{\backslash }\mathrm{x}\mathrm{f}\backslash 1111^{)}1(^{\backslash }’\frac{2}{7}\mathrm{t}:_{\dot{r}\mathrm{t}1}11_{)\mathrm{t}}\backslash . 1^{\cdot}\langle_{\text{ノ}^{}\backslash }1^{)}1_{\dot{c}}\mathrm{t}\mathrm{t}j\mathrm{t}^{\backslash },\langle 11).\mathrm{y}\mathrm{t}_{11}1(^{\backslash 1},\dot{C}\iota 1^{\cdot}\mathrm{g}\mathrm{c}1^{\cdot}$

$\langle.()11_{1\backslash }’\uparrow,\mathrm{a}11\mathrm{f},$ .

Exanlple 3. $T\mathit{1}_{l\{},1\mathit{1}\dot{\mathrm{I}}1\mathit{1}\iota(:\dagger,io\mathit{1}1(\mathit{2}.\mathit{2})i|(\mathrm{i}$ in $UCViff()<?\cdot\leq 1-2/J,$ $()</J\leq$
$1$

$-2^{\cdot}$

$l’$ ?(’$‘\prime f$. A $\iota$ )
$\backslash ’ \mathrm{i}1\iota 11)1(\backslash \langle\prime \mathrm{t})1111^{)}1\iota \mathrm{t}\text{ノ}|\mathrm{a}\mathrm{t}_{1}\mathrm{i}()11|{}^{\mathrm{t}}\mathrm{i}11()\mathrm{w}|9\mathrm{t}|1\mathrm{l}\mathrm{a}\mathrm{t},$

$\mathrm{f}()1^{\cdot}\mathrm{t},1_{1}\mathrm{i}\mathrm{H}\mathrm{f}\mathrm{l}\mathrm{l}\mathrm{l}\mathrm{l}(j\mathrm{t},\mathrm{i}\langle)11$

$Q(z.\dot{\zeta})$ $=1+ \frac{(z-()f’/\langle Z)}{f(z)},\cdot$

$(2.\mathrm{e}J)\ulcorner$

$1+z-2($
$=\overline{1-\nearrow\vee}$

.

Wo $|\backslash (\iota’\backslash ’$ }, $’$.$=\sim\uparrow.(’ j(\mathit{1}$ alltl $(^{\llcorner}=/)(^{J},iC,)$ . $\mathrm{T}1_{1(}\backslash _{11}J\Re Q(Z, (‘)\geq 0$ iff
$\cdot$

$\Re \mathrm{t}1+r\cdot\epsilon^{\prime\theta}y,\cdot-2\rho c’,i(,\dot,’)(1-?.C’,-i\prime\prime)\geq()$

$()1^{\cdot}$

(2.6) 1–2/) $\mathrm{t}j\mathrm{o}^{\mathrm{t}}|l\phi-’/2+2r\cdot\rho(,(\mathrm{t}\backslash \tau(\psi_{J}-\theta)\geq()$.
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It. $\mathrm{i}_{1\aleph}$

$\langle$ 1(’ill {,11 $i1,\mathrm{t},$
$\mathrm{t},11\langle^{\backslash }$. $111\mathrm{i}\mathrm{l}\mathrm{l}\mathrm{i}_{1}1111111\langle$ ) $\mathrm{f}\mathrm{t}_{1}11(^{\backslash },$

$(^{\mathrm{Y}},\mathrm{X}1^{)1}(^{\backslash },\mathrm{H}|\mathrm{s}\mathrm{i}\langle)11$ Oll $\mathrm{t}_{1}11(^{\backslash }$. $1\mathrm{t}^{\backslash },\mathrm{f}\mathrm{t}a\mathrm{H}\mathrm{i}(1\mathrm{t}^{\backslash }$, of (2.6)
$\langle$ $)(,\mathrm{t},1\iota 1^{\cdot}\mathrm{H}.\mathrm{W}|1\mathrm{t}\backslash ,11(/’= ()$. $\theta=\pi$ . (Tln $\iota_{\iota}\mathrm{s}.\dot{(}=/’\cdot/\sim$. $=-?\cdot.$ ) Tllese valllos yiol$(1$

$1-2^{i}/\cdot/’-2/l-\uparrow\underline{\prime}\geq().$ alltl $\mathrm{t},1_{1}\mathrm{i}|\mathrm{s}$ is t,rlle $\mathrm{f}\mathrm{t}\mathrm{l}\cdot\{)<?\leq 1-2/).()</j\leq\frac{1}{2}$ .
Thus. \dagger $\mathrm{t}11!\langle\langle)11(\mathrm{l}\mathrm{i}\mathrm{t},\mathrm{i}(\rangle 11\mathrm{i}\mathrm{H}\mathrm{H}(\iota \mathrm{f}\mathrm{f}\mathrm{i}_{\mathrm{t}}i\mathrm{i}\mathrm{t}\backslash _{11\mathrm{t}},, \mathrm{f}\mathrm{t}\mathrm{l}\cdot(2.2)\mathrm{t},\mathrm{t})$be $\mathrm{i}\mathrm{I}1UCV$. By a lilllit,
$i1,1^{\cdot}\mathrm{b}^{\mathfrak{j}}’\iota 111\{\backslash 11\mathrm{t},$ . $\mathrm{t},1_{1}1^{\backslash }\mathrm{t}\mathrm{t}\mathrm{l}\mathrm{l}(\mathrm{l}\mathrm{i}\dagger$,ioll is also $11(^{\backslash },(:1\backslash ,\mathrm{H}|9_{\dot{(}}\mathrm{t}1^{\cdot}:\mathrm{v}\cdot$ I

3 Conjecture
$\mathrm{L}\mathrm{t}^{\backslash },\mathrm{t},$ $A,,$ $\mathrm{t}\mathrm{l}\mathrm{t}^{\backslash }11(\mathrm{f}_{1}\mathrm{t}\backslash \mathrm{t}1_{1}\mathrm{t}$} $\mathrm{t},1_{i\mathrm{t}}\mathrm{I}\iota_{)}^{1\mathrm{H}}$ of $\mathrm{f}\mathrm{t}\mathrm{l}\mathrm{l}\mathrm{l}(j\mathrm{t}|\mathrm{i}\mathrm{o}\mathrm{l}\mathrm{l}|\mathrm{i}${ of $\mathrm{t}‘ 1_{1(}1,$ $\mathrm{f}\mathrm{o}1^{\cdot}111$

(3. 1) .$t \cdot(_{/\vee}^{\wedge J})=z^{\prime J}+,,\sum_{1=)+\mathrm{l}}^{\infty}(\iota_{1},z’\} (_{\mathit{1}’)}\in N=1.2.3. \cdots)$

$\mathrm{w}11\mathrm{i}_{\mathrm{t}}i1_{1\mathrm{t}}r’ 1^{\cdot}\mathrm{t}\backslash \dot{c}\iota \mathrm{l}1$alyt, $\mathrm{i}\mathrm{t}j$ ill $U=$ $\{ z : |z|<1\}$ .
A $\mathrm{f}\cdot \mathrm{t}\mathrm{l}\mathrm{l}\mathrm{l}\mathrm{l}i\mathrm{t},\mathrm{i}\langle$

$)11$ $.f\cdot(z)\in A_{/}$, is $\mathrm{H}\mathrm{a}\mathrm{i}_{\mathrm{t}}\iota \mathrm{t}|\mathrm{t}$ ) $\iota_{)1^{1}},$
$I’-\mathrm{v}\mathrm{a}1(^{\backslash },11\mathrm{t}_{11\mathrm{y}}\mathrm{t}i01\mathrm{l}\mathrm{v}(\backslash .\mathrm{x}$ iff

(3.2) $1+ \Re\frac{zf^{\prime/}(Z)}{f(\nearrow)},.>()$ $(Z\in U)$ .

$\mathrm{w}_{(\langle}\tau \mathrm{t}\mathrm{t}^{\backslash }11\mathrm{t})\mathrm{t},\langle,\backslash 1$ ) $\mathrm{y}f\mathrm{f}_{/},$
$\mathrm{t}_{\mathrm{t}}1_{1(\mathrm{i}}\backslash \mathrm{t}1J^{1}\iota 1$) $\langle$

$j1(\iota|\mathrm{s}\mathrm{H}$ of $A,,(_{\text{ノ}}()11,\aleph \mathrm{i}\mathrm{H}\mathrm{t},\mathrm{i}_{11}\mathrm{b}’$ of all $I^{\prime-}\mathrm{v}_{\dot{C}}\mathfrak{i}1\mathrm{t}^{\backslash },11\mathrm{t},1\mathrm{y}$

$\mathrm{t}i\mathrm{t})1\mathrm{l}\mathrm{v}\mathrm{t}\backslash ,\mathrm{x}\mathrm{f}.|111(.,\mathrm{t},\mathrm{i}\{)11_{1}\mathrm{t}’$ ill $U$ .

$\mathrm{t}i()11.|\mathrm{t}^{\tau}’\langle\dagger.|\mathrm{l}1^{\cdot}1\mathrm{U}|\backslash ^{1}.\mathrm{i}_{1}$

)

$.\mathrm{t},1\mathrm{l}(^{\backslash }\backslash .\mathrm{i}(1\mathrm{t}^{\backslash }\text{ノ}(\iota$

tiollt, $i\iota \mathrm{i}11(_{\text{ノ}^{}\backslash }(\iota \mathrm{i}_{\mathrm{l}1}\mathrm{T}111^{\backslash },01^{\cdot}\mathrm{t}_{\text{ノ}}\backslash 111\mathrm{A}$ , we $1^{)\mathrm{t})_{1}^{\mathrm{t}}}\{(^{\backslash }\prime \mathrm{t}$,he following

Conjecture. A $f_{11\mathit{1}l}(t,io\mathit{1}1f(z)\in A_{J},i^{\mathrm{c}},\dagger_{1}\mathrm{S}$aid $t,\mathrm{o}l$ ) $(^{1\prime},f’-\mathrm{v}\dot{c}\mathrm{t}\mathit{1}(^{)},\mathit{1}lt\backslash ,$
$\mathrm{t}1\mathit{1}\iota ifo\mathit{1}^{\cdot}\mathit{1}\mathit{1}l\mathit{1}_{Y}$.

$(.()\mathit{1}\mathit{1}\mathrm{v}(,)\mathrm{x}$ iff

(3.3) $\}\mathfrak{l}\uparrow\{,\frac{/\sim.\cdot f’’(\nearrow\vee)}{f(\nearrow)}.-(f’-2)\}-|\frac{zf’’(\nearrow)}{f(\nearrow)},.-\{\rho)-1)|>()$. $(z\in U)$ .

$\mathrm{A}1^{\mathrm{t}^{1}}|\backslash ()$ we $\mathrm{t}1$ ($J\backslash _{11\mathrm{t})\mathrm{t}1\mathrm{t}^{\backslash }},$ by $UCV_{\uparrow},$
$\mathrm{t},1_{1(_{\text{ノ}}}\backslash \mathrm{H}\mathrm{l}\mathrm{t}1$ ) $\mathrm{t}j1\dot{t}\mathrm{t}^{\mathrm{c}}|\mathrm{i}\mathrm{H}$ of $A_{/J}(i\{)11\mathrm{H}\mathrm{i}\mathrm{s}\mathrm{t},\mathrm{i}_{1\mathrm{l}}\mathrm{g}$ of all $\gamma’-$

$\mathrm{v}\mathrm{a}\mathrm{l}\mathrm{t}^{\backslash }\text{ノ}11\mathrm{t}_{1}$ tlllift)]lllly $\mathrm{t}i\mathrm{t}$) $1\mathrm{l}\mathrm{v}(,\backslash \mathrm{X}\mathrm{f}\mathrm{t}\mathrm{l}\mathrm{l}\mathrm{l}\mathrm{t}j\mathrm{t}_{1}\mathrm{i}\mathrm{o}11\mathrm{H}\mathrm{i}_{11}U$.
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