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Let C be a convex domain on a surface S whose Gaussian curvature
is bounded above by a constant K. For a domain Ω ⊂ S ∼ C, we ob-
tain the sharp relative isoperimeric inequality 2πArea(Ω) − KArea(Ω)2 ≤
Length(∂Ω ∼ ∂C)2. And we get the sharp relative Sobolev inequality
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‖∇f‖dA)2, for any relatively com-
pactly supported function f of bounded variation on S ∼ C.
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