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Using a theorem of R. Rado (Zbl 033.25302), the authors give very simple
proofs for three theorems announced in a previous paper [Erdds, Zbl 039.04902].
Theorem 1 states that if any finite subgraph of a graph G is k colourable, then
G is k-colourable itself. (For a positive integer k a graph is called k-colourable
if to each vertex one of a given set of k colours can be attached in such a way
that on each edge the two end- points get different colours.)
Let S be a set, and assume that to every element a € S a subset f(a) C S —a
is given. Two elements a and b of S are called independent if a € S — f(b) and
be S— f(a). A subset of S is called independent if any two elements of the
subset are independent. The empty set and the subsets containing only one
element are also called independent. The other two theorems are the following.
If f(a) contains at most k elements for each a € S, then S is the union of
2k + 1 independent sets. If f(a) is finite for each a € S, then S is the union of
a countable number of independent sets.
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