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On a combinatorial approach to some Cayley
graphs

& BIE (Norio YAMAZAKI)
FUMN KR S R B SR

1 FF

AT, BT VYo —ya VAF—LONRT A—FIZ X ARETIRIEIIRTS 1
SOESFRIZ AV TIRATEN, & 2 TRAR7ZWEO—E81E [5] TEEZEE LTV B O TRIR
Ehiz L,

LR, G2—BROAREE., {Chhen® G OEBIREMELE L,

Ry ={(g,h) eGxG|gtheCy}

(A€ &5, TORE, —RIZX(G) = (G, {Ri}ren) AT Y m—tg AF— L
LR, ThERLIIHE (TYYT—vay) AF—A LS,

X = (X, {Rahen) & (T Y Im—valAF—Lt LTD) X7 A—=F {p}] . Ia parech
BX(Q) DT A—Fe—ETDIT Y vT—va Ax—LE LR, TOLI R XER
R L, EWOHRER, BAX—LONT AL DS IRIE LIRS O TH
3, (—RICED L D R XIT—BREIIRE R, D LD RFNCHOWTIE, FIZIE],
(7] #BRDE,)

&T, [1], [2, [4] TA4s, PSL(2,7), S (n > 5) ;ku\r\_@Fﬁ%m%h%m@&éhr
WD (WThb—BMERRIND) B, TNHOVTILG,

TX(Q), XIZBT D 120 (HBBIIRET2) BRRS, RyCEB L, TNbEE
NENBEE LT D (—RCIBME ERD) 77 7T = (G, Ry,), I' = (X, Ry,) DD
RIS EHERT D] '

%‘#&%®ﬁ%&ﬁ¢gﬁmf%&ﬁCMK%Té&4Uw¢§7JT%D\Pf(U—
7570 (RFR) T A—F X8 T) BBEE L TARTILIZ Of45 LM%L
IEoTHERTTTOTVER, (R EBROBEE 2 7-BETLHD,) FiZ

<& LT,

(A4 —7F 7B\, %@}%Hﬁﬁl_ﬁ)%éﬂiﬁk_i)‘ﬁ%ﬂiéﬂTb\<#ﬂ/‘\’@’:ﬂ’]f
B =R LB 5]

‘ ;% E}E Lff_l/ \o



43

2 [BEAMEEE] 261 SMER

—RANCT V= a Y AF—AX = (X, {R:}:) D1 OOBERRIZEVERSH
L7770 = (X,Ry) BT A= NPT LD LTB8E, () NTFA—FIZLY
RFBEZRE L., (i) FIFMEEOMY Hbh izl 0 &EE2EETS, VI kEL
AT T2ODRT vy TREEATY T 7 BT 2HERE S BRTHS L Bbh, %k
[11,12],[4] . BN TEDHENRE b, Z0FEE [RFESIE] L THERA bIT.
Thz LV —fk, Bk Z 8T TERNWTHA I N?

JRETHESRIE T 7 7 ORI E L E D LT85 KD & 5 RSN T
HENTRINDG,

(1) AT A=FICLOHFEMNTICIY TR, £T (X EDLRVETHTELZEIS
) DT VVT—ya VAR —ADNTA—F [k Y, BEESNTOIERBATH
OB, BIZITRFRFIOBHTONTIINR G A —F 2 IRER D 2 BIBERIC KRB R IEE T
Hd,

(2) (1) DREEEFET 270, 4TI, ETXO1AZEEL, Ehi S, OBT
(id) LRI—HL, XORES,DILER—BRLENSTT 75 H2I1Z (Gd ) BEEEEIS TV
MEIZ) Em LT, BEROICETO XDOEN S, DELR—HTE 285 T, RIZS,
DEBRE (THEINIHERER) KBTIy V—ST7DELINETTE, )
FEPR O, [RFA—FDERNLT A V=75 7R ETT D] 205 HEFERET
—ATH D LB D T, Wiz TIE, [S,0&Tn A EOBRIZ LY FhdTE
D BB E L VAESIC LWL, EWVOERDHY, SEBOTER—ETS (]
TNV Z T 3) FEE—BO LIS X RVOTIE RO ?

(3) BEAF — AT 1 FETRAR L ) BN bEFR SIS, LoT, BAF—LDK
BANT 2T B5720I21E, FOHOFNFNOEBEEOBMEE M LORB L s S5 7R
ELTEHRATOLERDS BRI, PlziEs, RA, 2 ITFhnESTHE—
5. TNE BB TR OROBELEEFET S L Bbhd, 20—F, 150 EED
TA V=TT 7B 25 BIE LT AT, FOREEY SIF3HERH DT
RO, DEY, ZTOMEX (12074 V—27"5 7 0BT L I130sr LR o
TIX?

4) 7TVvT—a A ¥ — ADRHRHE (spherical representation DFEaR) MH
AEZRNTHAS I N2 ENNEVEL DRT A—F DEREES DR THD L B
bhd, (1) 2EALTY,) HEU TP LERMEDIVTWA R, b & ABIC
5 B, BB LD THEN, EEOBANRME LT, FIZEEo (F
EAEETO) BZRWT [RFEEEIRET 5 BICEOERMMARAIRIZR S LREE L
TEY (ZZco [FimEsl &ik, MiiMT®i5&v$K1ﬁ®f37ﬁ%W®
RS, N DERTAVTVLDOTIRIRVWHICER) . Tha &I RBmMAMTIFIC I

WHEHZ BT T D,
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ﬁ%iw\_hawﬁﬁ(@)chtitmfi%@L&w)%%ﬁ?m<ﬁwrm
HEHEOFROMBIZ LT,

3 PBFMEEDIRE

FEHIL[5] IRV T, 4 IR 2RENHS THD 1S, DEBRERIZE 74—
7SI, HDERFHEDRE LTI L TORT A= X 58T D002
—RALITERTh L2 dE L. (Rzdfo) 3 EROBFORBICHE L2 e IBEE
R LTS, AE P RECTEOFMERAAZ, THLEHEHRICLD ZORIL. 74
Y —7"5 7 ORSFHT B~ [RAIEEEE] 2 XV ERE LN W I BETHYD b
hebDThHY (B ORERLEED 1 OTHLH), [3HEMEDEE] LWIHIFHALTIO
FIREICER Y MR &V #am e —BICTE 30T, EWOHEIRES THLR-> TV D,
AT, EAFOBREIC LV BRI Losfho TRV, 2T H o — AR DS
BETX30TIEERB->TNS,

FPAETIL, AFEEOWREDEHTONTIRRL I,

EOWEME T D, Lk, 2 DT OREEORr c TEELEIIT D, 77 7TIRBW
T, 8 (= &) ZZ O L L, Ti(z) = {y €T | 8(z,y) =i} &7 D, I'(z) = I'i(2)
29D, yel(z) DR, z~y&EZ Do
Ty, 0, T4 € ok L, P(ﬂ?l, cee ,SL‘,’) = ﬂ]gj_(_ir(xj) LT3,
z,y) =i >1%25z,ye TR L. Cz;y) =T(z) NTis1(y) T 5,
wOT LOBREEET Do

Ry= {(z,2)|zeTl},

Roy= {(z,y) €T x|z ~y},

Repy = {(z,y) €T xT|0(z,y) = 2,|I'(z,y)| =2},

Rean = {(z,9) € Regy | T(y) N Reg(z) # 0},

Ropn = {(z,y) € Rap) | T(y) N Reg(2) =0},

Rg = {(z,y) €T x| 0(=z,y) =2,|(z,y)| =3},

R0 = {(z,y) €T x T | 8(z,y) = 3,|C(y;2)| = |Rp(z) NI'(y)| = 3},

Reg = {(z,y) eT'xT'|0(z,y) =3,|Cy;2)| = 4,
|R2)(z) NT(Y)| = 3,|R@)(z) NT(y)| = 1},

Ry = A{(z,y) €T xT|d(z,y) = 3,|Cly;z)| =6,
|Re2)(x) NT(y)] = 2,|R@)(z) NT(y)| = 4}

L. R(z)={y €T | (z,y) € R} £ T Do Riyps = UrgjciRy; £ D0
A={(1),(2),(2,2), (2,21, (2,22 3),(2,2,2),2,3), 9} L T2,

&T, | CERLEERBVIRTN (ZORMZ [3] TREZ, A LESTHTREBRZ &
MERSITNEN), S, DR BT, Spom(2), 0L,(2), W(Dy), W(E) (1=6,7,8) 2 &
THREND B0 3 HROAREE] LIHINOBEORINIBNT, £D3HH (D
HBHE) R BT A V7T 713, RFEEOMHHE & L TROFMGEHT L TH D,
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Condition A. There exists no 4-tuple (z,y, z,u) of vertices in I such that z ~ y ~ 2z ~
u ~ z, (z,2) € Rpg), and that (y,u) € R).

Condition B. Let z,y € I' be vertices such that (z,y) € Rs). Then there exists another
vertex z € I" such that I'(z,y) C I'(z).

Condition C. The following hold.

(i) Ry is symmetric for A € A.

(if) Rx # @ for A € {(1),(2),(2,2)1,(3)}-

(iii) For z,y € ', 8(z,y) = 2 iff (z,y) € Re),@)-

(iv) For z,y € T, 8(z,y) = 3 iff (z,9) € Re222),2.3),4)-

(v) p, exists for (A, 1) € {((1),(2)), ((2), 1), ((2,2)s, ), ((3), W)} (i € {1,2}, u € A).
Moreover, p) = 0 for (A, 1) € {((2),(2)),((3),(3)),((3),(2,2)), ((2,2), (2,2))}.

Remarks. (1) Condition C (v) IZBIF D phid, 7YV m—va VAF—LA X(GQ) 128
FENRT AL pyy (= Pl ) &R FEiE, Condition Cl, 7Y m—rg v XF—n
X(G) DT A—=F DIFERD—ERE 2> TWND, (F 5% explicit (23R D 253, X(G)
DRFHELZBETIER B DND,)

(2) Sn, Spam(2), 03(2), W(E1) (I = 6,7,8) IZHWTIL, Ragy, =0 & 7B>TNDE—
Fi. W(Dp) IZBW T Rpa), £ 0 &> TWND,

(3) Condition B2>H A5 IZ Condition AVENND, —H. S,, Spam(2), OF,.(2),
W(E) (I = 6,7,8) IZ2W\WTik, AREMIZIX[3]I1ZX Y, Condition A 5 Condition B 23
D, OFE Y Condition A & B (Condition C #{RE L= LT) FHEARSEM:L 225,
W(Dp) CHOWTIILANE UK &R T, 7Y vo— g U AF—Lh0E (35 A—F)
& Condition A IZHRT B {RE% 5 2 7= LT Condition B 3 AL, RIFERD L
NQAV AN

Lemma 1 Let I' be a graph satisfying Condition B and C. Suppose R(54), # 0. Then
the following hold. ,

(1) Re22) = Repp) URe22), URpa2),, where

Reap, = {(z,9) € Repp) | |Rea2),(z) NT(y)| = 0},
Rep2), = {(2,%) € Reag) | [Rea),(z) NT(Y)| =1},
Rep2s = {(z,9) € Regg) | [Rea),(z) NT(y)| = 3}.

(2) Ry = Ry, U R4),, where

Ry, = {(z,9) € R | Rea),(x) NT(y) = 0},
Ry, = {(z,9) € Ry | R, (z) NT(y) = 0}.

Remark. W(D,) IZDOWTILRpo2, =0 &> TND,
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2 X Spom(2)  (Spem(2) TRWEIZER) ., 0£,(2). W(D,). W(E) (1=6,7,8) 128
VT, IRAIERY AT,

Condition D: The following hold.

(i) There exists no cycle of length 7.
(ii) For any pair of vertices (z,y) € R,

Ly(z) NT(y) C Ry 29,2213 (),

where ,
R(S) = {(E’y) el'xI I 8(%, y) =4, IR(4)($) N F(y)] =5,
|Re3)(z) NT(y)| = 5,|Rea22(z) NT(y)| = 0},
Rog= {(z,9) €T xT | d(z,y) = 4,|Ry(z) NT(y)| = 1,
|Rea)(z) NT()| =4, |Rean(z) NT(y)| =2},
Razy = {(z,y) €T x| d(z,y) = 4,|Ry(z) NT(y)| = 12,
|Res(z) NT(y)| = [Reez(z) NT(y)| = 0},
Raz= {(z,y) €T xT | d(z,y) = 4,|Riy(z) NT(y)| = 9,
|Re3)(z) NT'(y)| = 0, | R0 (z) NT'(y)| = 3}
(iil) R» is symmetric for A € {(2,2,2)1, (2,2,2)s, (4)1, (4)2, (5), (2,4), (2,2), (1, 3)}.
(iv) p exists for A € {(5), (2,4), 2,2), (1,3)}.

I THUOHGEDOERZ 15, G & 3HEMOM, DX D 3 A OAERIE, P, = Pi(D)
ZDDORZLDRS i DINEEOEEG LT D, FEERE0DI1,2HEL, P, = {15}
&95,

Pg; = Upgy<iPjy P = UpnoPi &5 %0

a=(ay, - ,as),b=(by, - -,b) € PITX L. axb = (ay,--+,a,b1,---,b) &L, ae D
R, (a1, ,05,0) Faxa LELZEIZT S,

a=(ay, - ,a),b=(by,---,b) € P (s>2) ITXL,

7 (bi, bit1) € {(ai,air1), (@ir1, (a0)*+), ((air1)™, ai)} for some i € {1,---,s — 1}, and
aj=>b; for je{l,---,s} with j & {5,0 + 1}”

BV IDEE, anp b EESHIZT D, s<1DFfIXa~pbifa=b"¢& L L5,

a,b € PIZDWT, a bW O0nDE~, THITHTWAE, a=, beELZ L
9%,

a= (a,-,as),b = (b, ---,b) € PITX L, a;---a; = by--- b, GO TEY D
f, a=gb ¢ ELHIZT D,

ae PIHL, a=sqbtiedbe RPMFETDILIRrTRADLDEI(a) EEL Z
izl &,

P (vesp. P7) %, U(a) =i (resp. I(a) <i) &iii7= ¥ a € P7ob TR SIS PO

NG LT D, Pt =UpoP s P~ =UpoF &7 %,



47

3HMBOBE (G, D) IZHR L,
L£P = {{a,b,a® =b°} | a,b € D,ab # ba}}
£V 5, ZORE, ROBEERMOI TN D,
Fact. D = (D, £P) forms a Fischer space.
ZIZT,F ischer space LI, RD 2 DDA ZT= 3 partial linear space DEFTH D,

(F1) Each line contains exactly three points.

(F2) If L, L' are distinct lines with a common point, then the subspace < L,L’ >
generated by LU L' is isomorphic to the dual affine plane of order 2 or the affine plane of
order 3.

Fischer space (D, LP) IZBVNT, Fft (F2) DA, ”affine plane of order 3" 232\
R, Gid TRZEO 3 BHRORE] LTINS,

a € DEXLT, Ap={beD|ab#ba} €55, EL T, a#bab=ba’2babe D
[ZDWT, A, # Ay (tesp. A, = Ap) BSELYIIOKF, a =4 b (resp. a = b) EET I,
ab+# ba DIEITa £ b EEZ D, |

I'’% Condition C %2{7=9 77 745, TDR, e TIZDOWT,
Lo={ {u,v,w} €T(z) : {u,v,w}| =3,|0(u,0,w)| >2}
95,

SCAECRD . §,0ERITBI 574 V=75 7 BT, ROBCEDETHE
EORBAI 7 CE B,

Proposition 2 ([6]) Let T be a graph. Then the following are equivalent.

(1) T satisfies Conditions B and C, and {p}} corresponds to parameters of X (Sy).

(2) Let D be the set of 3-transpositions in G.
Then for any = € T, there exists a mapping f3 = f§ : P<3 — I satisfying:

(0) f3(1P) =,
(i) For a € P,
I'(fs(a)) = {fs(axd) | b€ D},

and, moreover, the following hold:
(i-a) (fs(a*a), fa(axb)) € Rpy),; ffa=;b (5 €{1,2}),
(i-b) (fs(a*a), fs(axb)) € Ry, iff a £,
(i-c) {fs(axa), fs(axb), fa(axc)} € Ly iff {a,b,c} € LP.
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(ii) For a € P<;, and b,c € P, with b € By, fy(axb) = fz(axc) iff b ~p c.
(iii) For a,b € P<3, a =¢ b iff f3(a) = f3(b).

(iv) For a,b,c € P<; with a #¢ b, b #¢ c, andw1thc;éga and for a,b,c € D, let
a*xa =g bx*b=g cxc. Then the following hold:

(iv-a) (f3(a), f3(b)) € Rezp), iff a=; b (j € {1,2}),
(iv-b) (f3(a), fa(b)) € R iff a £ b,
(iv-c) {f3(a), fs(b), f3(c)} € Lyara) iff {a,b,c} € LP.
(v) Fora,b € P, witha #g band a,b € D, let axa =g bxb. Then fz(axc) = fs(b*d)
iff (a,b) ~p (c,d).

2 % Spam(2), OL(2), W(Dy), W(Ey) (I = 6,7,8) {3\ T, WAERY I10,

Proposition 3 ([6]) Let I" be a graph satisfying Conditions B,C and D. Assume that {pl’)}
corresponds to parameters of X(G), where G € {2 X Spam(2), 05.(2), W(D,), W (E;)
(1=6,7,8) }. Let D be the set of 3-transpositions in G. _

Then for any z € I, there exists a mapping fs = f& : P<g — I satisfying (0)-(v) in
Proposition 2.

Remark. Proposition 2,3 DF3RDO—ER (Fischer space DHRERSY) 11 [3] TBEIIRE
NTW5, (8] TIEW(D,) T2V THE RSN TORNA,)

KETDRD S, & W(D,) DA V—25 7 ORMITT (SEEEORE) & 25,
fad3b fu, fs, - - - EREZZERE LT T DITTH DM, EiL, Propositions 2, 31, %
DITAEIT O - DIMERRI K2 [REMEE] T8I 20 O0OfMEE ANEIZEA T
W5, BlziE, ROFBEIZZDO—FITHS,

Lemma 4. ([6]) Let I" be a graph satisfying (1) in Proposition 2 or assumption in
Proposition 3. Pick any vertex z € I', and take vertices uy,uz,us,v € I'(z) such that
{uy,ug,u3} € L, and v & {uy,us,us}. Take y; € I'(uy,v) \ {z} for i € {1,2,3}. Suppose
(Y1, 92), (¥2,¥3), (3, 31) € Rg).

Then {y1,¥2,y3} € L.

L, 7T 7 DEEBEEDREDENANARERTETH D, F S, Listo
BE (bBAAW(D,) DHEED) KBWTARARRHETHD L Bbhs,

ZOWMERD 1 >OBIEL, £TO B0 3HEHRORE) OF A4 YV —T75 7 % B
& (DT A—FHHEHE) DORHEMTDETHDIB, S, W(Dy) (n > 4) 120 TIEIK
@ﬁ/TmftL'Cl/\ZD
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Theorem 5 ([6]) Let G € {Sn, W(D») | n > 4} with the set of 3-transpositions D, and
let I' be a graph having a mapping fs = f§ as in Proposition 2 or 3 for any z € I', and in
the case G = W(D,), satisfying Condition D.

Then for any z € I, there exists a family of mappings {f; : P<; — I' | i > 4} satisfying:

(l) f‘iIPsi_.1 = f'i—-l (7: > 4)
(ii) Fora € Pg;_q (i > 4),

I(fi(a)) = {fi(axb) | be D},

and, moreover, the following hold:
(i-0) (fi(a* a), fi(ax b)) € Rag), il ary b (j € {1,2)),
(ii-b) (fi(a* a), fi(ax b)) € R iff a b,
(ii-c) {fi(axa), fi(axb), filaxc)} € Ly iff {a,b,¢c} € LP.
(iii) For a € Pg; o (i > 4) and b,c € P, fi(axb) = filaxc) iff b ~p c.
(iv) For a,b € P, if a =g b, then fi(a) = fi(b).
(v) For a,b,c € Pg;_; (i > 4) with a #¢ b, b #¢ c, and with ¢ #g a, and for
a,bce D, letaxa=gbxb=gcx* . Then the following hold:
(v-a) (fi(a), fi(b)) € R, iff a~; b (5 € {1,2}),
(v-b) (fi(a), fi(b)) € R iff a £ b,
(v-c) {fi(a), fi(b), fi(c)} € Lyasa) iff {a,b,c} € LP.
(vi) For a,b € P,_; (i > 4) with a #¢ b and a,b € D, let axa =g b*b. Then
fiax¢) = fi(b x d) iff (a,b) ~p (c,d).

Theorem S5OV TOBERLITIZET,

(1) fsD & D IR B L HARZ RN LT TOL BS, BADEER D ZFD 4
gl (BlAIE 3 AHEDBEZI Tl Fischer space) Z{RFT A HEOMENEE L Bb
BB, Theorem 5 IZBVTHL (i) R (v) I X W ZNEBIHEIZ LTV D, (Lemma 4282
ZTHHEL,)

(2) it P 1 ETERENTOT, TNEIBRLTER ;% P, L TERT S & %,
ROMEPERERREL 25,

(a)aePt,ae DITHL, filaxa)ZEDLIITEKMNT B2

(b) fi® well-defindness D, 2%V, a =g b (a,b € Ft,) DB, fi(axa) = fi(b*a)

ZINYH,

AFEBIZIBNT, £ (a) I22V T, Prop081t10ns 2,3 731 LEXHIND KD 22D |
MENEHE gL 25,
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Lemma 6 ([6]) Let I be a graph satisfying (1) in Proposition 2 or the assumption in
Proposition 3. Assume that (G, D) corresponds to parameters of I'. Pick any vertex
z € . For a,b,¢,e € D with {a,b,c} € LP and e ¢ {a,b,c}, let

1(a), F(8), £(0), £(e), F(ae), f(be), f(ce), f(ab), F(be), f(ca)

be vertices in I' such that;

(i) f(a), (), f(c), fle) € T(2),

(i) f(ab) = f(be) = f(ca) € T'(f(a), £(b), f()) \{z},

(iii) f(ze) € T(f(2), f(e)) \ {2} for z € {a,b,c},

(iv) (f(z),f(y)) € Rz (resp. € Rpopp)) iff z %y (resp. z = y) for z,y € {a,b,c, ¢},

(v) (f(ze), f(zy)) € Ry (resp. € Reaa) iff e % y (resp. e = y) for (z,y) €
{ (a,0),(b,0),(c,a) },

(vi) (f(ae), f(be)), (f(be), f(ce)), (f(ce), flae)) € Re).

Then there exists a unique vertex

w € I'(f(ae), f(be), f(ce), f(ab))
such that 9(z,w) = 3.

Lemma 7 ([6]) Let I" be a graph satisfying (1) in Proposition 2 or the assumption in
Proposition 3. Assume that (G, D) corresponds to parameters of I'. Pick any vertex
z€T. Fora,be € D with a=~ b and e & {a,b}, let

f(a), £(b), f(e), f(ae), f(be), f(ab), f(ba)
be vertices in IT" such that;

(i) f(a), f(b), f(e) € T'(2),

(i) f(ab) = f(ba) € T(f(a), F(B)) \ {2},

(iii) f(ze) € T(f(2), f(e)) \ {2} for z € {a,b},

(iv) (f(z),f(¥)) € R (resp. € Ry iff z #y (resp. z = y) for z,y € {a,b, e},

(v) (f(ze), f(zy)) € R (resp. € Rpp) iff e # y (resp. e = y) for (z,9) =
{ (a’ b)’(b7 a) }7 ) “

(vi) (f(ae), f(be)) € Rep).

Then there exists a unique vertex

| w € I(f(ac), f (be), f(at))
“such that 9(z,w) = 3.
(b)Y IZ2DWTHE ((iv) ZRT72DICd) . PTOBMR~p, =1, = DHEZ BT 5EN

G 72%, Bl S0V Tk, ROEENEEL 25, (W(D,) W THEY M7z
720N,) .
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" Observation. For any i > 0 and a,b € P},
a=gbiffa=; b.

(3) Theorem 5IZRBW\T, MIZZEHI Z 7 THHIHFICL D, (iv) BRTOR, REW
el s G :
"For j(<¢) and a,b € P}, if a =g b, then fi(a) = fi(b).”

AR I, —fRIZI* A odd cycle 2 RS 7 OBRARROEOEREE L 5 &
T5h 5, BlIXIEPERD 3 SDES

Pf={a€P|l(a)=1},
PP={axa€ P |l(a)=1(axa) =i—1},
P =FR\(FFUF)

WZaEL,
"For j(<i),a € Pj’t_l and b € P}, if a =¢ b, then f;(a) = f;(b).”
ERTELEEREOICRD L BbhD,

(4) (iv) IZHER LTHD & Proposition 2 (2) @ (iii) L EW, REEE TS > TV
ERRTEND, ZOEIZLY, ROBHRELND,

Corollary 8 ([6]) Let G € {S,, W(Dy) | n > 4} with the set of 3-transpositions D, and
let I'™* be the Cayley graph of G with respect to D. Let I' be a graph having a mapping
f3 as in Proposition 2 or 3, and in the case G = W(D,,), satisfying Condition D.

Then I is covered by I™.

ORI, A V=75 7% ORI SADONTS57) b2 AH
ERERITEHE LT, TOHE EFER (iv) D X 5 285 BWO TR E &RTO
IXHHEHREELY, &V LVEEORRIRMEL 25 THA D L TET D, SEOHE
RS> T2, EFEIROTREERF> TV,

Conjecture. Let G, D,I™*,T" be as in Theorem 5.
Then T is isomorphic to I'*.
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