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§3 Tempered Gaussian Frobenioids

Goal: Construction of Gaussian monoids,

i.e., “O×
F v
· (q12

v
, q2

2

v
, . . . , q(j

⋇)2

v
)”

and the evaluation isomorphism,

i.e., “O×
F v
·Θ

v

∼→ O×
F v
· (q12

v
, q2

2

v
, . . . , q(j

⋇)2

v
)”

(On the other hand, as in the case of constant monoids, we obtain

only “uniradial Kummer-detachment” of Gaussian monoids.

(⇒ the theory of log-shells))
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Recall: MΘ
∗

∃func’l⇒
algorithm

Πtp
X (MΘ

∗ ) ⊆ Πtp
X (MΘ

∗ ) ⊆ Πtp
C (MΘ

∗ )

∃func’l⇒
alg’m

(∆tp
C /∆

tp
X )(MΘ

∗ ) ↷ LabCusp±(Πtp
X (MΘ

∗ )): the F⋊±
l -symmetry

For t ∈ LabCusp±(Πtp
X (MΘ

∗ )),

(−)t: a copy of (−) labeled by t

⇒ The F⋊±
l -symmetry determines an isomorphism

(Gv(MΘ
∗▶̈)t ↷ Ψcns(MΘ

∗ )t)
∼→ (Gv(MΘ

∗▶̈)t′ ↷ Ψcns(MΘ
∗ )t′).

(−)|t|
def
= (−)t (

∼→ (−)−t)

(−)⟨|Fl|⟩ (resp. (−)⟨F⋇
l ⟩)

def
= the “diagonal” ⊆

∏
|t|∈|Fl|(resp.F⋇

l )(−)|t|

Yuichiro Hoshi (RIMS, Kyoto University) Hodge-Arakelov-theoretic Evaluation II December 10, 2015 3 / 29



⇒ By “(Gv(Π
γ
v▶̈)

∼←) Dδ
t,µ− ↪→ Πγ

v▶̈” (cf. §2 (p.10))

(and taking γ = 1), we obtain a diagram

(Πtp
X (MΘ

∗ ) ←↩) Πv▶̈(MΘ
∗▶̈) ↠ Gv(MΘ

∗▶̈)⟨|Fl|⟩

↷ ↷

Ψcns(MΘ
∗ )

∼→ Ψcns(MΘ
∗ )⟨|Fl|⟩.

By the submonoid Ψcns(MΘ
∗ )⟨|Fl|⟩ ⊆ Ψcns(MΘ

∗ )0 ×Ψcns(MΘ
∗ )⟨F⋇

l ⟩,

we obtain a nat’l identification of Ψcns(MΘ
∗ )0 with Ψcns(MΘ

∗ )⟨F⋇
l ⟩:

Ψcns(MΘ
∗ )0 = Ψcns(MΘ

∗ )⟨F⋇
l ⟩

(i.e., “0↔ ⟨F⋇
l ⟩”)
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A value-profile (i.e., “(ζ i12l · q
v
, . . . , ζ

il⋇
2l · q(l

⋇)2

v
)”)

def⇔ an element of

θF
⋇
l

env
(MΘ

∗▶̈)
def
=

∏
|t|∈F⋇

l

θ|t|
env

(MΘ
∗▶̈) ⊆

∏
|t|∈F⋇

l

Ψcns(MΘ
∗ )|t|

Ψgau(MΘ
∗ )

def
=

{
Ψξ(MΘ

∗ )
def
= Ψ×

cns(MΘ
∗ )⟨F⋇

l ⟩ · ξN
}
ξ: value-profiles

∞Ψgau(MΘ
∗ )

def
=

{
∞Ψξ(MΘ

∗ )
def
= Ψ×

cns(MΘ
∗ )⟨F⋇

l ⟩ · ξQ≥0

}
ξ: value-profiles

.

......(∞)Ψgau(MΘ
∗ ): the mono-theta-theoretic Gaussian monoid
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Then, by the nat’l “∞θ
ι(Πγ

v▶̈)
∼→ ∞θ

|t|(Πγ
v▶̈)”, we obtain a diagram

(Πtp
X (MΘ

∗ ) ←↩) Πv▶̈(MΘ
∗▶̈) L99 {Gv(MΘ

∗▶̈)|t|}|t|∈⟨|Fl|⟩

↷ ↷

∞Ψι
env(MΘ

∗ )
∼→ ∞Ψξ(MΘ

∗ )

∪ ∪

Ψι
env(MΘ

∗ )
∼→ Ψξ(MΘ

∗ ),

where “L99” denotes an “evident compatibility” (w.r.t “{Dδ
t,µ−}t”).

Write

(∞)Ψenv(MΘ
∗ )

∼−→ (∞)Ψgau(MΘ
∗ )

for the coll. of the above isom., i.e., the evaluation isomorphism:

“Θ
v
7→ (ζ i12l · q

v
, . . . , ζ

il⋇
2l · q(l

⋇)2

v
)”
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In particular, by applying the above algorithm to MΘ
∗ (Πv),

.

......

(∞)Ψgau(MΘ
∗ (Πv)): the étale-like Gaussian monoid

(∞)Ψenv(MΘ
∗ (Πv))

∼→ (∞)Ψgau(MΘ
∗ (Πv)): the étale-like eval. isom.

Next, let us consider the Frobenius-like Gaussian monoid.
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In the remainder of §3, suppose: MΘ
∗ (Fv) = MΘ

∗

Recall: By applying the Kummer theory, we have an isomorphism

(Gv(MΘ
∗ ) ↷ ΨCv)

∼→ (Gv(MΘ
∗▶̈) ↷ Ψcns(MΘ

∗ )). (cf. §21
2
(p.22))

⇒ For t ∈ LabCusp±(Πtp
X (MΘ

∗ )),

(Gv(MΘ
∗ )t ↷ (ΨCv)t)

∼−→ (Gv(MΘ
∗▶̈)t ↷ Ψcns(MΘ

∗ )t)

which is compatible with the F⋊±
l -symmetry.

(Note: This isom. is well-def’d up to conj. which is independent of t.)

⇒ For a value-profile ξ ∈ θF
⋇
l

env
(MΘ

∗▶̈) ⊆
∏

|t|∈F⋇
l
Ψcns(MΘ

∗ )|t|,

(∞)ΨFξ
(F

v
)
def
=Im

(
(∞)Ψξ(MΘ

∗ ) ↪→
∏

F⋇
l
Ψcns(MΘ

∗ )|t|
∼←

∏
F⋇
l
(ΨCv)|t|

)
.

......
(∞)ΨFgau(Fv)

def
=

{
(∞)ΨFξ

(F
v
)
}
ξ
: the Frob.-like Gaussian monoid

Yuichiro Hoshi (RIMS, Kyoto University) Hodge-Arakelov-theoretic Evaluation II December 10, 2015 8 / 29



Thus, we have a diagram:

Πv▶̈(M∗▶̈) = Πv▶̈(M∗▶̈) L99 {Gv(MΘ
∗▶̈)|t|}⟨F⋇

l ⟩
∼→ {Gv(MΘ

∗ )|t|}

↷ ↷ ↷ ↷

∞ΨFΘ
v ,α

∼→ ∞Ψι
env(MΘ

∗ )
∼→ ∞Ψι

ξ(MΘ
∗ )

∼→ ∞Ψι
Fξ
(F

v
)

∪ ∪ ∪ ∪

ΨFΘ
v ,α

∼→ Ψι
env(MΘ

∗ )
∼→ Ψι

ξ(MΘ
∗ )

∼→ Ψι
Fξ
(F

v
)

Write

(∞)ΨFΘ
v

∼−→ (∞)Ψenv(MΘ
∗ )

∼−→ (∞)Ψgau(MΘ
∗ )

∼−→ (∞)ΨFgau(Fv)

for the coll. of the above isom., i.e., the (Frobenius-like) eval. isom:

“Θ
v
7→ (ζ i12l · q

v
, . . . , ζ

il⋇
2l · q(l

⋇)2

v
)”
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In summary, every isom. MΘ
∗ (Πv)

∼→MΘ
∗ = MΘ

∗ (Fv) determines:

Πv▶̈ L99 {Gv(Πv▶̈)|t|}F⋇
l

↷ ↷

∞Ψι
env(MΘ

∗ (Πv))
∼→ ∞Ψξ(MΘ

∗ (Πv))

∪ ∪

Ψι
env(MΘ

∗ (Πv))
∼→ Ψξ(MΘ

∗ (Πv))
∼→ {Gv(MΘ

∗v▶̈)|t|}F⋇
l

∼→ {Gv(MΘ
∗ )|t|}F⋇

l

↷ ↷
∼→ ∞Ψξ(MΘ

∗ )
∼→ ∞ΨFξ

(F
v
)

∪ ∪
∼→ Ψξ(MΘ

∗ )
∼→ ΨFξ

(F
v
)
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(MΘ
∗ (Πv)

∼→MΘ
∗ = MΘ

∗ (Fv))

Gv(Πv▶̈)
∼→ Gv(Πv▶̈)⟨F⋇

l ⟩

↷ ↷

Ψι
env(MΘ

∗ (Πv))
× ∼→ Ψξ(MΘ

∗ (Πv))
×

∼→ Gv(MΘ
∗▶̈)⟨F⋇

l ⟩
∼→ Gv(MΘ

∗ )⟨F⋇
l ⟩

↷ ↷
∼→ Ψξ(MΘ

∗ )
× ∼→ ΨFξ

(F
v
)×
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.
Remark
..

......

As in the case of constant monoids, the above discussion only gives

“uniradial Kummer-detachment” of Gaussian monoids.

(⇒ the theory of log-shells)
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§4 Global Gaussian Frobenioids

.

......
†D⊢ = {†D⊢

v }v∈V: a D⊢-prime-strip

Suppose: v ∈ Vnon (⇒ †D⊢
v “=”Gv)

Ψcns(
†D⊢

v )
def
= O▷(Gv(

†D⊢
v )) ⊆ ∞H

1(Gv(
†D⊢

v ),µẐ(Gv(
†D⊢

v )))

ΨR
cns(

†D⊢
v )

def
= Ψcns(

†D⊢
v )

rlf (∼= R≥0)

Recall: †D⊢
v

∃func’l⇒
alg’m

log
†D⊢

v (pv) ∈ ΨR
cns(

†D⊢
v )

(Gv(
†D⊢

v ) ↷) Ψss
cns(

†D⊢
v )

def
= Ψcns(

†D⊢
v )

× ×ΨR
cns(

†D⊢
v )

(omit the case of v ∈ Varc)
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Ψss
cns(

†D⊢) : V ∋ v 7→ Ψss
cns(

†D⊢
v )

Recall: †D⊢ ∃func’l⇒
alg’m

D⊩(†D⊢): an isomorph of C⊩mod

Prime(D⊩(†D⊢))
∼→ V

{†ρD⊩,v : ΦD⊩(†D⊢),v
∼→ ΦR

cns(
†D⊢

v )}v∈V
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.

......
†D = {†Dv}v∈V: a D-prime-strip

Recall: †Dv
∃func’l⇒
alg’m

†D⊢
v , LabCusp

±(†Dv)

Suppose: v ∈ Vgood ∩ Vnon (⇒ †Dv“=”Πv)

Ψcns(
†Dv)

def
= Ψcns(

†D⊢
v )

in ∞H
1(Gv(

†D⊢
v ),µẐ(Gv(

†D⊢
v ))) ↪→ ∞H

1(Π
(±)
v (†Dv),µẐ(Gv(

†Dv)))

ΨR
cns(

†Dv)
def
= ΨR

cns(
†D⊢

v ) ⇒ log
†Dv(pv)

def
= log

†D⊢
v (pv) ∈ ΨR

cns(
†Dv)

Ψss
cns(

†Dv)
def
= Ψss

cns(
†D⊢

v )

F⋊±
l -symmetry ⇒Ψcns(

†Dv)t
∼→ Ψcns(

†Dv)t′ (t, t′ ∈ LabCusp±(†Dv))

⇒ Ψcns(
†Dv)⟨|Fl|⟩, Ψcns(

†Dv)⟨F⋇
l ⟩, Ψcns(

†Dv)0
∼→ Ψcns(

†Dv)⟨F⋇
l ⟩
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(∞)Ψenv(
†Dv)

def
= Ψcns(

†Dv)××R≥0 ·log
†Dv(pv) · log

†Dv(Θ)
(formal symbol)

(∞)Ψgau(
†Dv)

def
= Ψcns(

†Dv)×⟨F⋇
l ⟩ × R≥0 · (· · · , j2 · log

†Dv(pv)), · · · )

⊆
∏

j∈F⋇
l
Ψss

cns(
†Dv)j

Ψenv(
†Dv)

∼→ Ψgau(
†Dv) given by “log

†Dv(Θ) 7→ (· · · , j2, · · · )”

(omit the case of v ∈ Varc)

(∞)Ψ□(
†D) : V ∋ v 7→ (∞)Ψ□(

†Dv), where □ ∈ {cns, env, gau}
⇒ (∞)Ψenv(

†D)
∼→ (∞)Ψgau(

†D): the evaluation isomorphism
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.

......
†F = {†Fv}v∈V: an F -prime-strip

Recall: †F
∃func’l⇒
alg’m

†D Suppose: v ∈ Vnon

(Πv(
†Dv) ↷) Ψcns(

†Fv)
def
= Ψ†Fv

(⇒ Ψcns(
†Fv)

Kummer
∼→ Ψcns(

†Dv))

F⋊±
l -symmetry ⇒ Ψcns(

†Fv)t
∼→ Ψcns(

†Fv)t′ (t, t′∈ LabCusp±(†Dv))

⇒ Ψcns(
†Fv)⟨|Fl|⟩, Ψcns(

†Fv)⟨F⋇
l ⟩, Ψcns(

†Fv)0
∼→ Ψcns(

†Fv)⟨F⋇
l ⟩

(omit the case of v ∈ Varc)

Ψcns(
†F) : V ∋ v 7→ Ψcns(

†Fv)

Recall: †F
∃func’l⇒
alg’m

†D⊢, †F⊩ = (†C⊩,Prime(†C⊩) ∼→ V, †F⊢, {†ρv}),

(†C⊩,Prime
∼→ V, {†ρv})

Kummer
∼→ (D⊩(†D⊢),Prime

∼→ V, {†ρD⊩,v})
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.

......
†HT Θ = ({†F

v
}, †F⊩

mod): a Θ-Hodge theater

Suppose: v ∈ Vgood ∩ Vnon

Recall: †F⊢
v (in †F⊩

mod)
∃func’l⇒
alg’m

†D⊢
v

Gv(
†D⊢

v ) ↷ Ψ†F⊢
v

Recall: †F
v

∃func’l⇒
alg’m

†Dv
∃func’l⇒
alg’m

LabCusp±(†Dv)

Πv(
†Dv) ↷ Ψ†F

v

F⋊±
l -symmetry ⇒ (Ψ†F

v
)t

∼→ (Ψ†F
v
)t′ (t, t

′ ∈ LabCusp±(†Dv))

⇒ (Ψ†F
v
)⟨|Fl|⟩, (Ψ†F

v
)⟨F⋇

l ⟩, (Ψ†F
v
)0

∼→ (Ψ†F
v
)⟨F⋇

l ⟩
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By “Mono-anabelian Transport”:

∃!a †Πv-equivariant isomorphism Ψ†F
v

Kummer
∼→ Ψcns(

†Dv)

∃!a Ẑ×-orbit of †Gv-equivariant isomorphisms Ψ×
†F⊢

v

Kmm
∼→ Ψcns(

†D⊢
v )

×

(∞)Ψ†FΘ
v
, (∞)ΨFgau(

†F
v
): the monoids corresponding, via

(Ψ†F
v
)t

∃!
∼→ Ψcns(

†Dv)t (t ∈ LabCusp±(†Dv)),

to (∞)Ψenv(
†Dv), (∞)Ψgau(

†Dv), respectively.

(omit the case of v ∈ Varc)

(∞)ΨFenv(
†HT Θ) : V ∋ v 7→ (∞)Ψ†FΘ

v

(∞)ΨFgau(
†HT Θ) : V ∋ v 7→ (∞)ΨFgau(

†F
v
)
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.

......
†HT D-Θ±ell

= (†D≻
†ϕΘ

±
±← †DT

†ϕΘ
ell

±→ †D⊚±): a D-Θ±ell-Hodge theater

Recall:
∃func’l⇒
alg’m

†ζ≻
def
= †ζ± ◦ ζ

Θell

0 ◦ (†ζΘ±
0 )−1 : LabCusp±(†D≻)

∼→ T

F⋊±
l -symmetry ⇒ Ψcns(

†D≻)t
∼→ Ψcns(

†D≻)t′ (t, t
′ ∈ T )

⇒ Ψcns(
†D≻)⟨|Fl|⟩, Ψcns(

†D≻)⟨F⋇
l ⟩, Ψcns(

†D≻)0
∼→ Ψcns(

†D≻)⟨F⋇
l ⟩

Recall: †D≻
∃func’l⇒
alg’m

(∞)Ψenv(
†D≻)

∼→ (∞)Ψgau(
†D≻),

†D⊢
≻

∃func’l⇒
alg’m

D⊩(†D⊢
≻), Prime(D⊩(†D⊢

≻))
∼→ V, {†ρD⊩}v∈V
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D⊩
env(

†D⊢
≻)

def
= “D⊩(†D⊢

≻) · log
†D⊢

≻(Θ)”

⇒ ΦD⊩
env(

†D⊢
≻),v

∼→ Ψenv(
†D≻)

rlf
v

D⊩
gau(

†D⊢
≻)

def
= “(· · · , j2, · · · ) · D⊩(†D⊢

≻)” ⊆
∏

j∈F⋇
l
D⊩(†D⊢

≻)j

⇒ ΦD⊩
gau(

†D⊢
≻),v

∼→ Ψgau(
†D≻)

rlf
v

Moreover: D⊩
env(

†D⊢
≻)

∼→ D⊩
gau(

†D⊢
≻): evaluation isomorphism
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.

......

†HT Θ±ell
= (†F≻

†ψΘ±
±← †FT

†ψΘell

±→ †D⊚±): a Θ±ell-Hodge theater

(†FJ
†ψΘ

⋇→ †F> 99K †HT Θ): a Θ-bridge glued to †ψΘ±
±

Recall: †F>
∃func’l⇒
alg’m

†D⊢
>,

†F⊩
> = (†C⊩>,Prime(†C⊩>)

∼→ V, †F⊢
>, {†ρv})

(†C⊩>,Prime
∼→ V, {†ρv})

∼→ (D⊩(†D⊢
>),Prime

∼→ V, {†ρD⊩,v})

C⊩env(†HT Θ)
def
= “†C⊩> · log

†D⊢
≻(Θ)”

⇒ ΦC⊩
env(

†HT Θ),v
∼→ ΨFenv(

†HT Θ)rlfv

C⊩gau(†HT Θ)
def
= “(· · · , j2, · · · ) · †C⊩>” ⊆

∏
j∈F⋇

l
(†C⊩>)j

⇒ ΦC⊩
gau(

†HT Θ),v
∼→ ΨFgau(

†HT Θ)rlfv

Moreover: C⊩env(†HT Θ)
∼→ D⊩

env(
†D⊢

>)
∼→ D⊩

gau(
†D⊢

>)
∼→ C⊩gau(†HT Θ)
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†F⊩ = (†C⊩>,Prime(†C⊩>)
∼→ V, †F⊢

>, {†ρv})

C⊩env(†HT Θ)
def
= “†C⊩> · log

†D⊢
≻(Θ)”

C⊩gau(†HT Θ)
def
= “(· · · , j2, · · · ) · †C⊩>” ⊆

∏
j∈F⋇

l
(†C⊩>)j

By rep. (†F⊢
>, {†ρv}) by a suitable data det’d by {ΨFenv(

†HT Θ)v}:
†F⊩

env
def
= (C⊩env(†HT Θ),Prime(C⊩env(†HT Θ))

∼→ V, †F⊢
env, {†ρenv,v})

By rep. (†F⊢
>, {†ρv}) by a suitable data det’d by {ΨFgau(

†HT Θ)v}:
†F⊩

gau
def
= (C⊩gau(†HT Θ),Prime(C⊩gau(†HT Θ))

∼→ V, †F⊢
gau, {†ρgau,v})

Ψcns(
†F≻)0 = Ψcns(

†F≻)⟨F⋇
l ⟩ determines:

†F⊩
∆ = (†C⊩∆,Prime(†C⊩∆)

∼→ V, †F⊢
∆, {†ρ∆,v})

⇒ †F⊩
env

∼→ †F⊩
gau: eval. isom., †F⊢×µ

∆

∼→ †F⊢×µ
env

∼→ †F⊢×µ
gau
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.

......
†HT D-Θ±ellNF: a D-Θ±ellNF-Hodge theater

Recall:
∃func’l⇒
alg’m

†ζ⋇ : LabCusp
±(†D⊚)

∼→ J , F⊚(†D⊚)|j
F⋇
l -symmetry ⇒ For j, j′ ∈ J :

F⊚(†D⊚)|j
∼→ F⊚(†D⊚)|j′

M⊛
mod(

†D⊚)j
∼→M⊛

mod(
†D⊚)j′

M⊛
mod(

†D⊚)j
∼→M⊛

mod(
†D⊚)j′

(πrat
1 (†D⊛) ↷ M⊛

∞κ(
†D⊚))j

∼→ (πrat
1 (†D⊛) ↷ M⊛

∞κ(
†D⊚))j′

(F⊛
mod(

†D⊚)j → F⊛R
mod(

†D⊚)j)
∼→ (F⊛

mod(
†D⊚)j′ → F⊛R

mod(
†D⊚)j′)

⇒ One can define the “diagonal” (−)⟨F⋇
l ⟩ ⊆

∏
j∈F⋇

l
(−)j

Yuichiro Hoshi (RIMS, Kyoto University) Hodge-Arakelov-theoretic Evaluation II December 10, 2015 24 / 29



Recall: For j ∈ J :

F⊛
mod(

†D⊚)j → F⊚(†D⊚)|j
F⊛R

mod(
†D⊚)j → (F⊚(†D⊚)|j)R

(πrat
1 (†D⊛) ↷ M⊛

∞κ(
†D⊚))j →M⊛

∞κv(
†Dj,v) ⊆M⊛

∞κ×v(
†Dj,v)

(where †Dj,v: the v-comp. of the D-prime-strip ass’d to F⊚(†D⊚)|j)

D⊩(†D⊢
j )

∼→ F⊛R
mod(

†D⊚)j

(where †D⊢
j : the D⊢-prime-strip ass’d to F⊚(†D⊚)|j)

ΨR
cns(

†D⊢
j )v

∼→ Ψ(F⊚(†D⊚)|j)R,v

They are compatible with the F⋇
l -symmetry.
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.

......
†HT Θ±ellNF: a Θ±ellNF-Hodge theater

Recall: For j ∈ J :
†Fj

∼→ †F⊚|j
∼→ F⊚(†D⊚)|j

(†M⊛
mod)j

∼→M⊛
mod(

†D⊚)j

(†M⊛
mod)j

∼→M⊛
mod(

†D⊚)j

(πrat
1 (†D⊛) ↷ †M⊛

∞κ)j
∼→ (πrat

1 (†D⊛) ↷ M⊛
∞κ(

†D⊚))j

(†F⊛
mod)j

∼→ F⊛
mod(

†D⊚)j

(†F⊛R
mod)j

∼→ F⊛R
mod(

†D⊚)j

(i.e., Kummer isomorphisms)

They admit compatibilities with the F⋇
l -symmetry.

⇒ One can define the “diagonal” (−)⟨F⋇
l ⟩ ⊆

∏
j∈F⋇

l
(−)j
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(†F⊛
mod)j

∼→ †Fj

(†F⊛R
mod)j

∼→ †FR
j(

(πrat
1 (†D⊛) ↷ †M⊛

∞κ)j → †M∞κvj ⊆ †M∞κ×vj

)
v∈V

Moreover:

†C⊩j
∼→ (†F⊛R

mod)j

They admit compatibilities with the F⋇
l -symmetry.

⇒ C⊩gau(†HT Θ) ↪→
∏

j∈F⋇
l
(†F⊛R

mod)j

(F⊢
gau)

R ↪→
∏

j∈F⋇
l

†FR
j

⇒ C⊩gau(†HT Θ)→ (F⊢
gau)

R

(which is compatible with ΦC⊩
gau(

†HT Θ),v
∼→ ΨFgau(

†HT Θ)rlfv )
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.

......
†HT Θ±ellNF, ‡HT Θ±ellNF: Θ±ellNF-Hodge theaters

the Θ×µ-link †HT Θ±ellNF Θ×µ

→ ‡HT Θ±ellNF

def⇔ the full poly-isomorphism †F⊩▶×µ
env

∼→ ‡F⊩▶×µ
∆

the Θ×µ
gau-link

†HT Θ±ellNF Θ×µ
gau→ ‡HT Θ±ellNF

def⇔ the full poly-isomorphism †F⊩▶×µ
gau

∼→ ‡F⊩▶×µ
∆

Thus: Θ×µ-, Θ×µ
gau-links induce the full poly-isom. †F⊢×µ

∆

∼→ ‡F⊢×µ
∆ ,

as well as the full poly-isom. †D⊢
∆

∼→ ‡D⊢
∆,

i.e., the D-Θ±ellNF-link †HT D-Θ±ellNF D→ ‡HT D-Θ±ellNF

⇒ D⊩(†D⊢
∆)

∼→ D⊩(‡D⊢
∆) (comp. w/ “Prime

∼→ V”, “{ρD⊩,v}”)
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Frobenius-picture

The infinite chain

· · ·
Θ×µ

(gau)→ n−1HT Θ±ellNF
Θ×µ

(gau)→ nHT Θ±ellNF
Θ×µ

(gau)→ n+1HT Θ±ellNF
Θ×µ

(gau)→ · · ·

does not admit arbitrary permutation symmetries.

Étale-picture

The D-prime-strip “(−)D⊢
∆” forms a “constant invariant” of the

above infinite chain:

· · · nHT D-Θ±ellNF · · ·y
n−1HT D-Θ±ellNF −−−→ (−)D⊢

∆ ←−−− n+1HT D-Θ±ellNF
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