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Some Special Bounded Homomorphisms Of A Uniform Algebra

JEX - BFEWHREF I EE (Takahiko Nakazi) |

A % compact Hausdorff ZZff] X _E® uniform algebra, C(X) 13 X _ED#Ek:E
BoLktd5, L(H) % Hilbert Z2f] H L@ bounded linear operator D&tk &3 3,
CDHETIE. A5 L(H) ~D unital bounded homomorphism ® 3 > C(X) o
L(K) ~® unital bounded homomorhism ® B TXZOAMEETE, ST K I
H %% Hilbert space TH 5,

§1. fH&E

C(X) TO/NVLE || |l TEDLU. L(H) TO/ VLI || - || TEDT, @ :
A — L(H) %' unital bounded homomorphism &2, ®(1) = Iy, linear , multiplicative
2 @I € Ylfllee ZHRTBHDTHSB, T Iy i3 identity operator TH Y
0<vy<oo lFEHTH B, & 4t ® D bounded dilation TH 5 &1 & : C(X) — L(K)

unital bounded homomorphism T

®(f) = PO(f)|H (f € A)

ZWMRETHEEENVD, TIT K D H i3 Hilbert space TH Y, P : K — H i3 orthogonal
projection T&h %,

#WX%EE LT, M(A) % A O maximal ideal space £ 5%, [A+ Al I A+A D
uniform closure 2779 & &, dimC(X)/[A+ A =n < 0o D& X, A iF hypo-Dirichlet
algebra EFFIEN B, FFIZ n =0 4 513 A T Dirichlet algebra &MEiZH 3,

®(A) & L(H) ® commutative subalgebra T % 4%, —#¢iZ1d uniform algebra
KRB LRSI, @ DFELTRILSED, LEXTROBELRLDODDH B,

Bl :
(1) H* # A hSEHE I 3 abstract Hardy space & L, M % H? ® A-invariant
subspace h D H=H*OM £33, fe AiZDWWT S;y=P(fy) (ye H) &35, =
T P H* 5 N ~D orthogonal projection TH 3, ®(f)=5; £T5E, iz 4
D5 L(H) ~O unital contractive homomorphism Th 3, K = L%, g € C(X) iZH L
TMyz=gz(z€e K) DD ®(g)=M, £F35&, &3 & D contractive dilation & 75~
T3, Zhid Nevanlina-Pick DEH EELBEFHE LTS,

(2) z € M(A) ZBET 5. o(f) = f(e)ly (f € A) £F 5 &, @ i unital
contractive homomorphism T¥» %,

(3) P %3 L b selfadjoint TZIL> projection D2 Q=1-P £§ 3, &(f) =
f(z)P+ f(y)Q &35 & @ id unital bounded homomorphism T&H 3%,
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(4) A % disc algebra, B € L(H) 2 |B|| <1 &9 3, ®(f) = f(B) (f € A)
3. von Neuman DEH|Z K D, unital contractive homomorphism T#H 5,

RDOZHODOMBIEET, ZLOALZIKL>THEIN TV S,

L]
L ||®]| <1 % 51 contractive dilation éj)"ﬁﬁ:‘d‘%i)\ ?
IL ||®|| < 00 75 51d bounded dilation & NEET B ?

EDMREIZ DT, bounded dilation ® HFELET B = L&, @ & completely
bounded (ZRIMETH B M, HEIZ 3 S € LH) BHFELT, |0 <1 &43 d
FHEL (T78D B contractive dilation) v D S90S = PO(f)|H (fe A) LTEBZ &L
FAETHALZLRERBLASNTN S,

§2. W%

FIRE i DWW T dim H < 00 D EXFELWEIF SN TS, dim H = oo
D & %13 disc algebra 1T UT I Z AL LI WED, Pisier [14](1996 4F) 12 & - THREFE
Banic, LIBRMELICNT 2REODERIZOVTHRXS,

1° disc algebra IZ D Tid Nagy [6](1953 4F) iIZk » TIELWEBHIRINI,
2° bidisc algebra {22 Tid Ando [2](1963 4F) IZ & » TIE LWEIRI NI,
3° —HD polydisc algebra (n > 3) IZDUWTHEKIL LW EEDS Parrot [13](1970
FEYICIEELL BWENRENT,
4° annulus algebra {22 Tid Agler [1] (1985 4E) IZ& » TIELWEIRIN
feds, BRI TH B, ZDEX dmC(X)/[A+A)l=1ThH 35,
5° A% discalgebra > A={feAd;f(0)=f(1)} £TB&. AIZDNTiZ
IE UWEEDS Nakazi [11] (1989 4E) itk » TRE N, 2D EE dimC(X)/[A+A]=1T
% 6 o] V ‘ ' g
6 ° Dirichlet algebra iIZ DWW Tid, BATBIEIRD & % 1Z Berger, Lebow % Foias
FIZL > TREINTDY, 1966 4 12 Foias-Suciu [5] IZ& » T—REIICRE N,
77 —R&®D uniform algebra ICX U TKRIZT A EEF, dmH =1 DL X3HS
NTWed, dmH >4 OEXHIML LTI EiE. 3° D Parrot DI SHM B,
, 8° dim H = 2 ® & %, Nakazi-Takahashi [12] (1995 4E) (3—#X® uniform algebra
WKDWTHIALT A EER LI
finite connected domain D FHFTBIFIRE 7213 —f D hypo-Dirichlet algebra iZ
DOTHRIAT BN EINBUFTE LTHISNTHIE, £ dim H =3 72 S —BITEK
MTAENEIDHOATHIENWERDN S, ’ '
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§3. BFFE
& 7o 0 p-dilation (1 < p < 00) THB &3, & : C(X) — L(K) ¥ unital

contractive homomorphism T
o(f) = pPR(IH (f € Ay)

ZWMRTHEEXENVD, 2T K D H i3 Hilbert spacé THY, P: K — H i3 orthogonal
projection TH b, £l 7€ M(A) 1D A, ={f € A;7(f) =0} TH 5,

& A% p-dilation 7 53 bounded dilation ® WEET B A%, HIZE L W, f
% disc algebra A Ot > T = [ (1) 1 } ELL.O(f)=f(T) &5, T?°=0 &% 5
T&ELY O(f) = f(T) = f(0)Ig + f/(0)T &£722 DT, bounded dilation {FFELET 3 A3,
p-dilation I L7120,

FIE LIZ D0 TOMR :

A % hypo-Dirichlet algebra &3 %, Douglas-Paulsen [4] (1986 4E) id ||®]| < 1
%5 51 bounded dilation @ 3HHET A E45R U, FH1 BIOHREAE L DEARY
hypo-Dirichlet algebra ([9] 2 B8) i3t LTHH T B, EH 2 13 hypo-Dirichlet algebra
THREIBELO3FHOMEEA TS, FEWICIR, AP 2DOERTERFON S, §2
D2° O Ando DEH 2] #H 5,

EH 1| [10]
@] < 17513 p-dilation & HEHET 3,
EHE 2| [11]

A% disc algebra V> A = {f € A;f(0) = 0} DEX, |0 <1 £S5
contractive dilation ® WNFEHET B,

M I i 20 TOWHE

A 2% disc algebra THHEIL LW T &id Pisier [14] Ik > THWIN D T,
@] <00 &V t)gﬁb‘ﬁ?ﬁﬁ%# (M‘TLB @) 1AL LTE) 2ZZ 20BN H B,

Br={fedsi-fls-— (1—1f|>}
4B, KU B = {f€Ai||flle <1} ETB. fEB &l p EDXED 55

Stolz FHIRIZZ DEFENH S Z LA RL T3,
® A% p-contraction & i,

[N < Mlfllee (f € BN A)
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MELT B EZND, w,(P) <1 E&FHL, p=1 D& X p-contractive {I contractive i<
S, L p>1 RS, {92 < 1}5{@ sw,(9) < 1}§{<1> @] <20 -1},
WROEME 31ix 2-contraction i 1-contraction EFBFICHRLESDTHB I LERLT
W5, Zhid Berger [3] iZk o T A 2 disc algebra D EZIWIREINTHDTH 5,

EHE 3| [10]
A ZFEE D uniform algebra &35, ® A% 2-contraction T 5 AE 735,
ERD feA W |fle <1DES,

(@l < Il (v e )

AWMRTHIETH S,

Bx BROBABHAER TS LN TES, Jhid disc algebra iI2DU T Nagy-
Foias [7] iIZ& » TELWEIRI NIz, KOEH 4 BZNN—RD Dirichlet algebra IZ
FUTIELWEAR LTS, FERICIE Naimark OEE ([15]) 288) ZH0 T35,
FE 513 dimH <2 75 51— D uniform algebra {CDWTIELWEERL TS,

EH 4| [10]
A W Dirichlet algebra @ & &, w,(®) <175 p-dilation ® BWEHET S,

EH 5| [11] :
dimH < 2 D&%, —f® uniform algebra A IZXf LT\ wp((ﬁ) <17%s56id
p-dilation d WEHET B,
(FEBAD H 573 L) _

| dmH=10&%, 5 ce MA) PFELTker® ={f € A;f(z) =0} &&
5, dimH =20D&%, B z,yc M(A) (2 #y) PEEL T ker® = {f € A;f(z) =
fly) =0} &30, 5 2 € M(A) & 21251} % bounded point derivation 23FFHE L
Tker®={fecA;flz)=6(f)=0} &4 %, dimH <2 DL X, disc algebra A N5
L(H) ~® unital bounded homomorphis ¥ 23EfE L T A/ ker ® & A/ ker ¥ (isometrically
isomorphic) ETX5Z k., BH 52T U A p-dilation ZFON6, ¢ bE
p-dilation 2D LA RT I ENTE 3, A
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