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Abstract

Jack ZIHRIZDWTD Pieri AR, “HEBAAXEZHWT, flill Jack ZHA
(shifted Jack ZIHR) @ Pieri AR (KUZES FfER) 28 HT 5.

1 Introduction - —Z& 28 -

f#f# Jack ZIHA (interpolation or shifted Jack polynomials) (& Sahi [Sa], Knapp-Sahi
[KS], Okounkov-Olshanski [OO1] 52 & D& A T 717z shifted Schur ZEHAD, Wb %
factorial Schur [M1] & 3HlD, E#ZIE (Jack fix) T 5. shifted Schur ZH AL 6~ (%
— AR AR D WA B O Hu gt (R Capelli 7)) O[E4AfE (Harish-Chandra image) &
WO RBGRIHRA D % B D 7208 [002], il Jack ZIHAIEZ 5 W o 2 RJH & 1 3MZI, T
BERT B2 WL IHBRE DL EHBEL L U T, Macdonald & %\ X Koornwinder &\ 5
7o % BRGEE MK C B T RO RICHEK T 22 E2HERLHARDIRARX (binomial
formulas) (2B T< 5. #lill]l Jack ZIHAIZE U Tid Knop-Sahi 23 & D757 A% E
HLUTWD [KS]. BiZH D 135 A —XER U 72 ##] Macdonald ZIHA &\ 5 7 5 AHE
AZNTED, Okounkov 12 & Y #lH Macdonald ZIHRIZ DWW T D EBEAES HRRANE X
5N TW5 [01]. UA U Okounkov @ DA XIZDWTDEEM (“Idea of Proof”) (&<
SRARHBETH D, Pieri ARIZIBRTE ST, 724 Jack ZIHAANDBILIZE Z 51T
W72\ (Okounkov D #EH D FE 7R LABER T I3l Jack 2HAD XS HRERIEE S i
W),

i, F#H I A Bl Macdonald ZIHAD AR (ML) Z KD 2 (or 1) N T A —XE
AT L ORI DL EMER L HAR (ZZEE Meixner, Charlier , Krawtchouk
% IHA) Z ] Jack ZHAZ HWTEAL, R, ERVE, 20 HRA (or BEEZBEIRX) &
Wo 7 HARNWMEZ 5 272, 25 Uiz E 2, 2o OIS EHERLIHAR
D7 EBEDOED RN ROIMEEIT o TVWEY, TOMSEEETHIART S Jack ZIHA
D twisted Pieri AR EFEXN S —~HONADEFESN, ZTDIGH L U THIM Jack ZIHX D

* g-shibukawa@math.kobe-u.ac.jp
PORIRZE IR (GRREE S 18J00233) DEIK %223 25D TH 5.
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Pieri AR (H D WIFAED HFEN) 2B U 72, ARl 0 —#H O R %2, LZ 8 Meixner %
HAZEOITLOSAR L IFMHNLITBRZH D TH 2. & H, AfEld RIMS HLFEFLE [H 5 R
HOEL L R Osik e NEDVEET LA VHL I 2TFOEHHLTHL. —El
5 5% Pieri RADA A >, TARD RBEORA &R OIEED HRERDA 1 2O
785 TWD GEBIEA 1 YD/ DAHIRN D) O THE SN 272 E 720,

9 plot type & LT, FAEHPTIZH DD, —EHOFMER»SIIUO K 5. —ZEHOHH
Jack ZHHA PiP(2) %, kD 2 & (1), (2)P 2572 T 2 D m XZHAL LTED 5.

(1) P,ip (m) =0, wunless k<m € Zx>
(2)'P PP (2) = 2™ + (lower terms).
FEE D] Jack ZHHAD Pieri AR, 20 AHBRERNFZROL S LEDTHS.
2PP(2) = PR, (2) + kPP (2), (1)
kPP (2) = 2PP(2) — 2PP(z — 1). (2)
b, Pieri A (1) 3B 2 2 [EE U7 kBT 2BHERERATH D, 2o ik

(2) FRE k ZEELUZEE 2 TET2200BBATHE. 2o 2L EHULT 2005,
AROHWTH S, —EHOLEIL, il Jack ZEHAN FRERF

PP()=z2(z—1)---(z —m+1)
ZDHEDRDOT, (1), (2) HITEBIZOLNDH, 2T —RED K WAL EBUCEEMT

LR TIEH L TA LS.
FHEEEH m 12O\ T

LBE, ~BowMaEEE
E,.(z) :=2"0,

95, MELRLZDFLLTOS5FHORARNTHD.
1. BOEAR (—EKTIE72720 Euler fEFZED &)

(20,) P (2) = P (2)m, (3)
(20,)U,,(2) = Uy (2)m. (4)
2. Jack ZIEA D Pieri A=
0, P (2) = @y 1(2)m, (5)
0,V (2) =¥, _1(2), (6)
2@ (2) = Py (2), (7)
2V (2) = Unmy1(z)(m +1) (8)



3. ZIAAR (binomial formula)

P,(1+2)= Y (2>@k(2): 3 Zi:((f))@k(z).

0<k<z 0<k<z

7277 L x I3FEEEEEL
BED 3 DEE L M SNT WS, ST TRABEY 55,

4. Mysterious summation
(r+1)—z=1.

5. Jack ZIEA D twisted Pieri AR

[<ad1?z>1zaz} r(2) = -1 (2)k,
[(adl?z)l 2821 Tp(2) = U1 (2).

772U, ad & Clz,0,] IZHB ) 5 #H D adjoint
ad (A)(B) := AB — BA

TH5.

—ZEBOEE, (10), (11), (12) FIEFEMED, ThH SEHHOIHZ L THZ

F 413, Pieri AR (5), (7) & b
[0, 2]00(2) = Bu(2)(x + 1) — By(2)z = ((x + 1) — 2)u(2).
ftrs5, FEFISE & LT DB [0,,2] = 1 & 1
02,20, (2) = 1- @, (2)

L3RBDT, Op(2) ITDOWVWT ORI & Dt ERS.
FIRIZ 5. 1220w Ti, BIFERISE (3), (4) & Pieri A& (5), (6) &b

{ (adl?z)1

z@z} D (2) = 0,((20,)Pr(2)) — (20,)(0.Px(2))

= (0:94(2))k — (20:)®r-1(2))k
= ((IDk_l(z)k: — (IDk_l(z)(k: — 1))]{3
= (k= (k= 1))@ (2)k.

Z Z T mysterious summation (10) Z{f 2 IX#iw%E 5 5.

(10)
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BL E#E A 5 HiE Jack LA PP(2) © Pieri A% (1)(& %4 fifEk (2)) Z#dic
5. TS HEAOEBRLOTHLEOER 2 2 OWTRBIETSTH S, DWT et 23 2

D+l V7 MEHZETHBI LIZEET S L

(20.) P (1 + 2) = (Zaz)ef)z P, (2)
= e%[e 2 9 (20,)]®,(2).

& 5T, twisted Pieri (11) & “IHAR (9) & b

1
(20.) 0o (14 2) = Y [%
p=0

= ¢%- (Py(2)x — Ppq(2)x)
=zx®,(14+2)—xP,_1(1+ 2)

(0.)] 2.0

Py (1) Py (1)

=

g, i AN (9) 2> T oBIIEHAE (4) 24T

(20,)P,(1+2) = ZPkl kakl

B&IZ (13) & (14) I2BWT Ui(z) DREILE%Z L T, Pieri A=
kPP (x) = zPP(x) — 2P (z — 1)

225, ZR AR (2) IOV THAKTHS.

z <xP]iP(x) _xPlip(x— 1)) Uy (2).
=0

(13)

AWTIEHIOD, HE2VWE—EFIZEVWTTSHoNT WL > 7hd Lviaw (7) ik %
SERALL, — RO r ZEOHM Jack ZEAUZDWTO Pieri AR (& 24 HER) 28 H
T35, TOWLK DDA L U T Jack ZHA DD intertwining BIFRAE 2R R 5.

EREROFEM X, LB OFETH WL B 2RI U TIEE D% < O L LBOEMU A RER
THDHDT, oL —ZHE parallel iZTE 5. LU Pieri A% Op(z) ite Up(z) kD
QHEARLLRTNE RS VWAPEPEBETH Y, Bzt 52 HAWT twisted Pieri 2

X (11) & (12) DL EBIEMUZEH T 2 step B —FOHFr L0 5. EMHEIIVWZIE, £
L5, DG

Meixner ZIHA D & #7543 RN OMFEEFE T F 3 twisted Pieri 257

2
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2 Preliminaries

Z 2T [FK], [Ka], [Ko], [L], [M2], [St], [VK] 25 &% & 72 % % ZBEELUZ DWW T list
5. 9 r 2 FEOBE, a,d ZEFEHL LT,
P:={m=(mqy,....,m;) €Z" | mqy >--->m, >0},
d=(r-1,r—2,...,2,1,0) € P,
erk(z) = Z Ziy oz, (k=1,...,r), ero(z):=1,
1<ig < <ip<r

Mmm(z) = Z zi\l ---Z;\’“, S,.m := {(ma(l), ceyMg(ry) EZSg [0 € Gr} ,
A=(A1, ) €S, .m

:sz@zj, Dy (z) ::szf)? +d Z — 0., (k€ Zxp)
Jj=1 Jj=

1<j#I<r

95 EROAE m= (my,...,m,) € P LEBHED rlz = (21,...,2) € CTITOWV
T, Jack =R (Jack polynomials) Py, (z;9) AT D 2 &E% 0723 |m| IKFKZ
HAL LTEHET 2.

(1) D2(2)Pon (5 ) = P (355 gm (ms — 1~ d(r - ).
)P (55 ) = @) 4 3 caan(a)

¥ 721 Jack 21X (interpolation Jack polynomials) P (z; $) XKD 2 Z&fE T
DD.

(1) Pli(p (m—i— d(5 d) =0, unlesskCmeP

(2)ip Piff (z; g) =P, (z; g) + (lower terms).
FIZHEE R RO L5126,

P (z; 4)
dD(z) .= 232220 (normalized Jack polynomials),
o P (1; 4
m (1; %)
.d .d
Wy ImlEe)  Pe(lis) g
PR (m+ 46; ) PES (m + 45; 4)
(@) pip ds. d
(Z) = X (2+50:5) (generalized (or Jack) binomial coefficients),
k P (k+ 50; %)
o)

Ofo(d) (;Z,U) = Z legg) m Z (I)(d) (d) )

mepP mepP



= 2T ERMEAE R IR = 5. S [M2] (10.20), [Ko (4.8) & b

Pm(l;c_l): H jo1+g(r—i+1) _ H (2(3. —’Tl))mimj-

(i,j)€m

£7- [Ko| ® (7.4), (7.5) £ 9
Pﬁ}f(m+g(5 ;Z) H ( —j+1+;i(m —z>
_H( (r—17) ) H 2

mj 1<i<j<r (%(j — i)+ 1)mi—mj
RIZ—ZHOHHM Jack ZIHAD Pieri AR (& 727 X)) OEH DR Bekot
BAOERR
Jack ZIHA D Pieri A
“IARR
Mysterious summation
Jack ZIER D twisted Pieri A
D5 DDRADLZEHAIZ DO WTIEIKB AN K S

Ll

o

1. BAYEMA% (Sekiguchi, Debiard, Macdonald, et.al.)
A(z) 2R A(2) =[], (2i — 25) & U, BAERSE (&2 T OREE) %

w5 () sy (00 s £ (Io0.)

1=0 IC[r] i€l JC[r\I \j€J
|I|=l |J|=k—1
S\ 2) =3 P ()™
=0
rHLE,
S\ (u; 2) P (z; g) = Pm (z, d) ID (u; m),
1 @ (55 ) = P (355 ) enstm
772U
I (u;m) = ﬁ u+7’—k—|—2mk - (2 Tﬁ mk+c—i(u+r—k) .
™ Y d d 2



2. Jack ZTEA D Pieri 23 (Lassalle, et.al.)

Fo(2)2) (2 §j®w ) (a4 00— 0) 190,
Eo(z \I;(d) Z \I;(d) h(d) ),

1<4i<r,
x;EP

(I)(d) Z (I)(d) h(d)

1@V (2) = Y 0l (2) (x 14+ g(r - i)) R (x).

1<i<r,

xtep
=72 L
elﬁ%zﬁiz<%@y:§ia M@@yzlja%_x—%ﬁ—@i%
r, pt R pt zjy 044 <r Ti— T — g(z — k)

Xi=X—¢, X :=x+¢, €:=(0,...,0,1,0,...,0)€Z".

ZZTx; &P (resp. x' ¢ P) %35 h(_d’)i(x) = 0 (resp. hf{(x) =0) &bl kil

9.
Z“IEHARN (Knop-Sahi, Okounkov-Olshanski, et.al.)
EEDOHZE x 12D\ T,

(d) PiP ds. d
X X + 6a
eW(1+z)=) (k) o (z) =Y klg i~ 2) v (z),
kCx kCx k( ’5)

ED 3 2OARIZTWTNEEHMDANTH 5D THEHIZEL.

4. Mysterious summation

— D L ZIFHM 5 72 mysterious summation (z+1) —x =1 FEAFD XS

W21 fEEDICr],x=(x1,...,2,) €CTIZTDNT,
d :
3 <:z: 1450 - z)) WD, R, ()

=X (o = ) 0, 0 00 = 11

7272 L,

zi — x5 — 50— J)

(21)

A

(22)



SEPR EEAIE 2R ARRICRNIE V. TabbERZE LTORHBGEL D
[Eo(2), er,1(2)] 0 (2) = D) (z)r
185, i), Jack ZHAD Pieri 2 Z HWT
[Eo(2), er,1(2)]0" (2)

- Baed zel 96a) (5 + 50— ) 19 )
_qu)(ao

=1 j5=1
d. i d.
(o0 50— ) 0,000 = (-4 = ) ) 1D, 60
~ 2 (2)

. ; ((m +1+ g(r - i)) WD (x ALY (x) (x + g(r - z')> h(fl’)i(x)hﬁ)i(xi)) ,

IR X bR 2 B 5. O
5. Jack ZIER D twisted Pieri AR
W5 DDRAANDLEBIELMDOT CTHREHEFTHY, SHOEMERTHS.
EE 22 TEOp=1,...,7riZD2VT,
(ad Eo(2))? o(a),. . (@)
[TST (u;2)| @) (2)
d
=" o215 (uwx)n' (o) T (k:j + 5 - j)) , (23)
JCIr] jeJ
|J|=p
p
p: JC[T‘] kJEP
|J|=p

ZZtJo=\J ky=k=3 ;€

h(id,)J(k) = H

jedlede
2\" d
leJe

i oW (z) v UV (z) tAKEDT O (2) ILoWTDBRT. AR pI2ONTD
induction ZfiWV5. p=1D L EFHOFARZDOLDLDOTEY. p ETHILLEZEL

kj—ki—9(G—)+4
ki—k —4(G -1

)
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T,p+1DLEEEZL. UF, HHESs; =k + %(r—j) 8L FRMEOMKEL
Pieri 2 & D

Eo(z) [M S (y; z)] q>§{d) (z)

pl
= > Bo@)®y) (@) [ ] 50", (0157 (u k)
JCIr] jeJ
|J|=p

d d d d

S S0 @ e, (015 sk s~ 5.) [
JCr] =1 jeJ
|J|=p

/A

[—(ad B 500012)| Eul)al @)

- L [Wg@ (u; z)} o (2)5:h %, (k)

= Z Z @fi)i}w(z)h(fl,)J(ki)I§‘f)(U; kz‘)h(d) (k)si [ (s — i)

=1 JC[r] JjeJ

B LIZHEETS. ZZTieJDLE,

B () h ), (0152 (wi k) (s = 6:.0) [ ] s
JjeJ
Q)THsl—élJ—si—i—l—% H sj—sp—gl—[< d)
=15 ’ - 51+ -u (si—l)Hsj
(d 1<idi<r 90T 010 —si+1 jegpese %1 TP gge 2 =
R
d d d
B, (k) 15 (s ki) B D, ()i T (55 = 0.9)
jeJ
_(2Y sj = 0ji — 8p— 3 S1—
_<c_i) H - . H s+ u H P si—1) 1_[8‘7
jEJ,peJe i~ 04 Pjege 1<li<r v jeJ
M DIGEN T2 LT
2\" d Sj_Si_gSj_Sp_g
E (Si_l)HSjH 8l+§u . H Sj—Si Sj—Sp
JjeJ leJje jFieJ,pec
LK DETEERDDRFITZTNTN
si—sitl—%s—s—4 d . d .
I1 2 2 = 1D (k(7)0)h T (k (%)) (25)

s;—s; +1 S; — S
leJe l i + % l



30

d d
S1—=8i—g5s8i—1—8— () vy, (d) c
2 — D k(TN (k(T); 2
lg[c s s _1_s k(TR (R(T€)) (26)
kb MG g JDEE,
B (e )R, (k) 152 (us ) (s: = 65.0) [ 55
JjeJ

r _ _ . d L _d
:@) I O, it W#H(Sﬁgu) T s

S —0,5— S s
1<i#i<r b OIS T e g pege 1T 0P eyge jeJu{a

/A

d d d
W (k) 152 (s ) R, k)8 T (55— 81.0)
jeJ

2 " S;i — S8 —|—(5’i—d d S—Si—d
:<c_i> H Jsj—psp—:c?p,¢2H<sl+§u> H % H 53

. - S S . .
jeJ,peJe leJe 1<l#i<r jeJu{i}

SRR L RIRRIZ & 4 D@ K 7
d

r R N
(3) H S H (sl—i—gu) H S .82 .Zsjsj ipspz

. . y 8] )
jeJu{is} leJde jF#ied,pede

EEED 2T SRR L RO (25), (26) 2955, MEeErbb L

[(ad Eo(2)"" gia 4. zﬂ o (2)

(p+ 1)!
1 d d d
- ¥ p_+1c1>§q>( 2) 117 (u; k)Y (k) [T s
ICir] Jjel
[I|=p+1

d \ (@ iy (@)

' z; { (Si + 5“) hZ iy 8y iy ()

1€

si—1+ du @ (k)h'? (k;)
i anngn h gy gy (k) -
ZZTHTE-H/
(@ vy (@) (@ (@ _
z;[slh arn @ By gy 0 = (58 = D2 n oy (0h Gy oy (Kl = p 41
S

I¥ mysterious summation (22) ZDHDTH Y, p+ 1 TEKD LD I & H DN 5. O

10



I TCHEDEZDOU EORAE —EHOGAELHET, 2O Tlist LTHK.

P (254
BI(E) = = ()= i lE)
Pm (1;3)
d\ ¢ (d) d
VD L (g T (15) (@) P (@)
m! P (m+g0:9)  Pal (m+56; )
(20.)8p(2) = B (2)m = SD(w;2)0" (2) = 07 (2) I\ (u; m),
(20.) W (2) = Up(2)m = S (u;2) 0" (2) = U (2)1D (u; m),

0Vm(2) = Upa(2) = E(2)¥P(2) = > vD(2)nl(x).
1<i<r,
x; EP

2D, (2) = Ppsa(2) = 2)0@ (7 Z‘I’(d) h(d)

U (2) = V1 (2)(m+1) = e,1(2)0 (2)
S (d) ‘ a0\ @
= \I}xi (Z) <332 +1+ Q(T 7’)) h’—,i(x )7

1<i<r,
X, EP
ip ” 1p x (5,

d .
T+ —2=1= ) (azz +1+ 50— z)) h(d)z PRCOUNNEY
iel

o)t

el
- |I|7
a 1 a z))P
{( dl?Z) Zaz:| Qp(2) = Cp_1(2)k = {_( d E;j( ))‘Sﬁd)(wz)} o} (2)
=" o (2) 15 (u; k)h'Y, (k)
B
d )
-E(kj+§(r—3)>,
[(adl?z) z@,z} Up(z) =Ur_1(2) = {—(ad E];(:( z)) S(d)( )] ‘I’( )( )
= Y v @ wk)nl?, (k).
Jckj]é;e??

11



3 R

key 755 9®/\_§®%’§§ﬁxﬁwﬁ‘%62’w‘:®’é, I o & HWT Pieri 2 AZGEHT
5. ZZ ETHEfTE L, GERHIZ —ZE L 5ER1IT parallel (2725

FE 31 FEOxeC 2 kePlizoNVT

ip ds. d ip ds. d
Iﬁd)(u;Z) B (X + 2d5’ 2) _ Z P (Z + 257 2) I(d) (u k‘]) h(d) (k). (27)
P (1; ) s, B (1)
k’epP

=720 Jei=r]\ J, k7 = k+>cs€

d(: r
:z:-—xk——(j—k):l:— 2 d
WY (x) =[] = = — 2, 150 () = (3) ||<xk+§(u+r—k)>-
keJe

jegkege Xi T Tk 20

R ZEADOEBRZDOT, FEDOX e PIZOVWTREBETDTHE. £3 0@ g
D17 MEHZRTH S Z IZTIEREL T, (15) & “HARX (21) ZHW5 &

[e2d Po(#) 5(d) (4 7)) (D (1 + z) = ePo(#) 5(d)(

= ¢Po(2) gla)(

— EO(Z)(I)(d)(

u;z)e @ o (1 4 7)
u; Z)‘I’id)(z)

s, —IHANX (21) TREAL TH 5 twisted Pieri A (23) 24T &
[e2d Bo(2) (D) (4: 2)] 0D (1 + 2)

) Z P ( X+ d5 )Z [(ad (Eo(@))” 0) (1, )| 0@ ()

s

|
kCx ) p=0 p:
Plp x—|— 5, J 4 4
=) = Iy Y w0 won? )
kCx p=0 JC[r],ksEP,
|J|=p
P"(x+ & 5
d ’ d d
SDNEEDY k;f L sk 20
keP s, iz
k’epP
22T U (2) Lo WTHREILE R T ISR 235 0

12



EH 3 ITRREUE 72 o 7203, 2% u P2 D WTRELLER 2 95 Z & T, IROHifM] Jack
ZIHAD Pieri ARV EFOLND.

%32 fTEOxeC  kePlp=1,...,riZxL,

ip d(g. d
€r.p (X + gé) Pk (X * )

P (1;3)
PP (x+464 d d
- Z ( ( 24 2)er—IJIJD—IJ ((kJ + 5‘5) ) hEl-,)J(k)' (28)
JClr].k’eP, T2 Je
0<|JI<p

f:f:b J¢ = {7:17---77:1"—17}7

d d d c
(kJ -+ 55) = (kil + (52'1’] + 5(7’ — il), cey kir_p + (5Z'T_p’J + 5(7‘ — ir_p)> € CIJ |.
JC

AR AR NDY, FARRIZ U THER] Jack ZIHADED HREASFESNS (FEL <X RIMS
LR TR R OB & EFH 1 D58k Ji2 2 1R).

EHE 33 EDOxeC, ke PizxiL,

: d_d
I§d>(u;k)P;(p< + 50 2)

-y (- |Jplp< + 25 d)ﬂf”( )h(d)()H<xj+g(r—j)>. (29)

JC[r] JjeJ
Uk =k—)Y . €

33 ERHEBIE7Z o 7203, 2% u" P IZDWTREULIRZ 5 Z & T, IRDOHifE Jack
ZIHADED AP RFOND.

%34 EEOxecC,keP,p=1,...,riZxL,

d\ d_d
er,p <k+ 55) Pkp <X+ 55, 5)

i d.d d
— Z (_1)‘J‘Pkp (XJ —|— 5(5, 5) eT—|J‘,p—|J| <<X _|_ 55) ) h@?J(X)
JCIr] Je

0<|J|<p

I (xj - j)) . (30)

jedJ

13



4 Applications

ffift] Jack ZIHHAD Pieri AXNDWL D DIGHZ R RS, £ T HliH Jack % HA D &
(2)"
. d d
PPr <z; 5) = Pn <z; 5) + (lower terms),
ZRWHLU, &3.2 0D (28)

oy (x4 20) B 00)

X+ —
) A
PiP (X + 46’ é) p )
xR () i
JC[r].k’eP, k7 -+ 2 .
0<[J|<p

DEFER DR A L LT, BT D Jack ZIHA 0\ (2) O Pieri AR (BEH) 2155,

%41 EFEDOzeC  keP,p=1,...,7rITHL,

d d d
erp (@00 = > oW @)n? (k). (31)
JC[r,k’eP,
|J|=p

i, Jack ZIHHAD twisted Pieri 22 (24)

ad Ey(z))P d d
CEBEE 50 )| w0 = 3 W@ 010 i)
' JC[r,k’eP,
|J|=p

ZBWT, u" P IZDOWT ORI EZ TS5 Z & T, AND Jack ZIHK \Ill&d)(z) @ Pieri B
X (RFI?) 2155

%42 FEDOzeC , keP,p=1,...,r ITxL,
d\" " [(ad Ey(z))P J . .
<5> {%H@ <Z)} W= Yy B@n k). (62
JC[r,k’eP,

|J|=p

50 oW (z), U\ (2) 122\ TD 2 D0 Pieri AR (31), (32) £ 0, AT OB
0Fo'Y (; z,w> IZD\WT D intertwining BABRANEF SN S.

EE 43 EEDOzweC ,p=1,...,riZxL,

(g) _ {Wﬂ?(z) 0Fo' ¥ (s2,w) = oFo @ (12, wW) erp(w).  (33)
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—EHDOEEIX

e’} 1 0 >
&Eyncaug;:}:;Exmwm::EZq%x@¢m@m::}:d%xdwm@w==ﬁw
m=0 m=0 m=0

DT, (33) 1L & < HIS N

D EEFELNTAM R S 722\,

5 Concluding remarks

BB IZf Jack ZIEHAD Pieri ARNIZEHE U 720 < D92 D future works bR 5. 5[]
R AR 7= 4 Jack ZIHA D Pieri 2Rk, FEAFRA

erk(z) = Dz,

1<ip << <r

bt O Schur % HA % #filf] Jack ZIHATHNIT S, WHIX—FEDOH D725 7-.
INDEZEL LT, HAYHATII R ZaATRRA

hyr(z) = Z 2 g
ir e tin=k
b b 17RO Schur ZIHA % filifH] Jack ZIHNIZHNT 2, WHIE—1THD Pieri AR (H
ZW0WEESFRER) BEFEZO6ND. TNk Jack ZIHAOBEOMEAE GEANIRA % [E A 1E 2
HOREAMAERAZR) O D DI, BRAVCIH A% BEAMHEIZS DEEFEHZELTENEH
W7z twisted Pieri 2 NSHRBNIZE I NIE, AR DR & 2 < parallel 12 U THilf Jack %
HAD 17RO Pieri AR (ROZESHER) 2EOND LHHTE 5.

PN THEME Jack ZHHAD g, t ZIZH 72 2 Al Macdonald Z 2B W T, [FARRD Pieri
NRAKOESHTER) OBHAEZ SN G, ZHIZBEL T #ENH b, 45 Hifsic i
U TI3Erg [N] 2%EER %2 5- 2, Pieri AU T F. Atail [A] 255EBIE UICHDRIGIZE &
U7z, Pieri ARDEEIHIZ DO WTH, 273 /A % il Macdonald ZIHA D & % ff D XU
¥ (Okounkov 7% [02] (0.3) TEK L TWAHRINHRKIA?) 2N L TiRANZ D Z L TH
SNDLMRAEINTVEY, BIBRBETIZEETETVWARWVWESITHS. 20 HRADE
D FEHZ Knop-Sahi [KS] DFEED ¢,t ZIEH %\ F Okounkov O “Idea of Proof” (ZiF
WEDTH Y, RFDFEH & IZHFEDOGEHTH 5. D THRX OFEHIED q,t BEEIE S
L2085 P IFEIREFEWE b 5.

CZETHABOHMEZHAIZODWTUNE R LTI Rh 57208, BC B OHRMZIHA
IZ2W\WTIE Okounkov DFEAFHEHR [02] A SN T WS, FAKIZIZ BC #2550
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i, A BIORERIZIEXRE SN 21X 37208, BB Tl Atai O PRRIZBONT AR LD
BRI LR > TWaEWnWE S TH DS, FHEHEBEADERILRINTVRWL. 5D 5,
BC-Jacobi ZHAIZE L TAM L RRRD HETHEHIET 2 Z & T, —kD Pieri AR/ Z
EMTETVEN, ZTHOGEBIATELZENEET LW,
F 2 ARWSED 6% OEIEEIZ L ZE Meixner ZIHADOEREEZ D HEANTH-72. ThzE
3272017, SRR T twisted Pieri A2 (23), (24) KD H#EL W
{(ad er1(2))? (ad Ey(z))?

q! p!
{(ad er1(2))? (ad Ey(z))

SO (u; z>} 3 () =2,

q! p!
E\WI R A T D twisted Pieri ARZHRWIZEEZ FIRELRDH L. TN TENIELE
Meixner ZHAD RS AR (Pieri ARXR) PEETE, HIZFHAO BC fifdZHAIC
9 5 feedback HH 2 L HIfFX N 5.

p
S (u; z)] \I/l(cd) (z) =7

i

AWRIZHT-0, AL ARXA Y N2 LZE N7\ - F REOEEEM#REL ¢ Farrokh
Atai KIZIE#EL BT £
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