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B =
ARa TR R AV ELFL O HABELR & OHLFEBFIE [YY18] DH 5 X L2fiRdid %,

1 AREF EDRAZTN

R 1 AZT7T—NIEEET D, T8 q: A — Q/Z WL FNDFEM 2T &, BF A Lo
Rz W9,

(1) o, Be AWK, bla,B) :=qla+P)—qla) —q(B) € Q/Z 1T A FLORKIEIEAZED S,
(2) a € A, neZICDVT, g(na)=n?q(a) DD LD,

S BC AlcxL, ZoERMZ B :={aec A|bla,B) =0} TEDS, At =0Td
L&, " qid A LIERIETHS LWV,

qla) =0 Ziili7zd a € A ZERRE N, TS B C A D g(B) =0 ZHilcd & &,
EFHFNTHD L5, B WEEHBAIELIE B B ThaH, —MICHidlviriz
RN ST %,

Bl 2. L 2841, L* C Qg L ZZ DR 925 L&, L*/L EIZ gqA\+L) == (M| N)/2+Z
& LT Q/Z-ti%ZED B &, Disce(L) := (L*/L,q) & XX E/HS HOH %5 Z %, Disc(L)
Z LR 2 $)BIFHZ (discriminant form) &V 52,

2 KU VOA ¢&ZhXR

E&E 3. V ZIHAFHZRERE (VOA), Rep(V) ZABRARK V BN Z T REIE LT 5,
(1) Rep(V) IC 7 2a—Y a YEOKEMED>TED, Rep(V) 72—V a VHEICEALTEY 2
Z—7 2 )VIE (Modular Tensor Category, i§ LT MTC) &5 L E, V Z&LLY VOA &I
53

LZ DM q(—a) = qla) ITEHEWZTE KW,

2discriminant {ZHIFIX ERENE D, T ORGERIADPBEFI/EST22DTH S,

SEIAIE Y 4 A M E VOA DEAICIIEHENICEX 2 DEFEZ 5, V 28, HOA, G, O, f
fR, CFT % VOA O& X, V ZARBDOEKRTEI VOA ICE5 T SN TNS (cf. [HO8))o
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(2) V Z2&W VOA &L, Irr(V) TEEN V ORI AOE R ZXK T, TOEE M,
NeTrr(V)IicLs, Ta—Ya U

@ nb,N L (n]L\/[N € Z>o) (2.1)
Lelrr(V)

WEE>TWS, (T Ty & MRy NIZBT 5 L OREEE MRy N : L] Thd, ) (V)
DrezEKE T 5HM Z RS (2.1) TREMEZEALIEE D2V Luﬁfﬁﬁ'@h% Verlinde X
HELL@ETa—YaryRE&Lwy, F(V) TEKI, THUdT > VIVE Rep(V) D Grothendieck
BiT®H %, Verlinde REUI A MRFER A HAHEHIRETH %,
(3) Ac (V) PMEED M e Tir(V) I LU ARM € Ine(V) ZHifzd & &, A ZB#gAHL Y
v, Bl LY MIEEORBE RO TESE Iir(V)° TXKT, [LY0S] X0, Tir(V)°
& Z (V) I8 3 AN R 27595,
4) ir(V)e =Tir(V) &75% &, VBN T1—I a3z,
(5) M € r(V) IZxfL, h(M) € Q TZED YT Tz A Mekd, Achn(V)°, M € (V) &
LTEB qv:Iir(V) = Q/Z BEU by : Irr(V)° x Inr (V) — Q/Z = ZFNZFNLL N TED S,

qv(M) :== h(M) + Z, by (A, M) = qv (AKX M) — qv(A) — qv(M).
KROMEIE VOA ORI LY MMEKEE Z TR, ST OMEZ RO B DICHWEN S,

Rl 4 ([YY18]). LURAEK D 37D,

1) A, Belr(V)°, M e Irr(V) = by (AR B, M) = by (A, M) + by (B, M).
2) A, B e Iir(V)°, M € ir(V) = by (A, BRI M) = by (A, B) + by (A, M),
3) 0 #VAeIr(V)° IM € Irr(V) s.t. by(A, M) # 0.

'I:I

o~~~

LoMmEE D, VHARNT 2—Ya 2RO 5E, (In(V)°, qv) IR b XIEZ= 1
I AR L R %,

#8 5 ([EMS15, YY18]).
(1) qv & Trr(V)° _EIC by 2B 2 AEIEIEXE T 5 “REXZED S,
(2) Irr(V)e =Trr(V) DEZE, by & Irr(V)° FIER{EER S,

Bl 6. L 2 EEMEMME &L, V, 2B 287 FRERRMABE T L&, V, BRINT 2—
VarvzEfib, (Ir(Vy),qv,) = Disc(L) DD V7D,

3 XA EMXIE
[YY18] TldRDERE=ZE ATz

BRE 1.V BXU W IELL R 22T KW VOA &9 5,

(1) VBN T 2=V a =D, figte LT ir(V)ye =2 C &L, AR C s av— Ve e Iir(V)

ZED, Ir(V) = {V¥ | a € O} ££T, TTT C ORIIIMENICET, a € CIIHLT
ASEIOFREND, HEINC |Iir(V)| < 0o £7%55,

SInE M & ZNAVED 5 ARSI EEICIIXRI L TR T 508N H 5D, T TRERNICREATE TV,
STrr(V)° OHATITIE V THH, Flz AcTir(V)° IR L, ZOWICIIIF A* THZ BN,
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qv(a) = qn (V) EE®D, (C,qv) Z RIEXZIES R AR,

(2) BBEAHE D < C EHHHERIT D 5 a0 — W e Iir(W)° BB O, ZXEXZESREL
LT ({W*|ae D} qw) = (D,—qy) B ILDT,

(3) 0 £ a € D ITDVT A(VE) > 0 5D h(W) > 0 DR D 37D8,

78 7 ([EMS15, CKM17, YY18)). V BXU W &l 1 DEMZiTzd VOA 3% & &,

UzEBV“@W”
aeD
ICWE VoW OHMA LY MEKE UTHMZL VOA FiED —RICAD, BV BXU W
E U BT 5 BB R 2 759,

FREDRED TT, [YY18] T, U IftDEdHE Rep(U) MEoBELNET 2—Y 3 VRE
FU) & W DT HE Rep(W) BH1G6N5 72— g B F(W) Okt ZHBEICE
NS BAERZ1G T, TaDE, (Iir(V)°, qv) ZREHIE LT, LUFD 2 mizidld 5 Mz 57z,

1. 7a—Va REOIEKTHS n(W) BLU Iir(U) ZHEICRTT %,
2. F(W) BXU Z(U) OFRMEEICEET 2 & Bz HEICTET %,

L AZDWVTE, Iir(W) ~ Inn(U) B3AESTH S, kD, Uk VoW ORI LY FER
THah5, VOXRIBXO W OXRBZMINE LIZYG, £2Th5 U OXRBIZRCT D —
M [YO3] W IS N TR D, FEEEEZ 2T &TYA A MEZTD, §XTD
LR U BRI DWW THEEK « idih T E, EHICZEDMDT 2— 3 VHINE ¢RI T
BB, MEE Irr(U) ~ (W) THAH, #FG Ir(W) ~ Iir(U) OBk > TW0BDT,
Irr(U) 2B & Liciat, BRI U IEFOE I E LTS XTORK W hiEhginsg C &
Wih %, HEIFZTNEDODRMICRZNZRETENUIXVD, TESE Ir(W)° BXT
Irr(U)° DEDBEENS T E TR Lz, a e DY DL E, VoW hSiBE X N2

U =Indf oy VIR W =U B (V*aW)

W (VARAPTEAW)HMAL Y - U kLD, {U* | a€ D} EIr(U)° ICBWT D &
[ BRI T eV Be KDFELL, " BB BEE LT ({U |a € DY}, qu) =
(DY, qv) DD LD, —Ti, BREMND, {We|a e D} & Ir(W)* IZB T D &RBEE Y
BEZLTVS, &2 T, In(W) BXU Ir(U) IIFHHA L Y MK BEBE L TZENTHN
D BXU DY KK ZERBEHMNGZ 515, [YY18] T, Th5OWEEMADRIC HIRE
—Xf RSN H O, EHIHILT AHEDE S DILIIHIC - ETHSH T LR LTz, T45bb,
D BXU DK (W) BXU Irr(U) OLEDREE LT

Irr(W) = |_| Ol Irr(U) = U oy,
Jj€J JjeJ
BRBDMRNH O, PEDEZICOWT|0Y| : |0)| = |D|: DY B> & &R, Eid
WUE DRI BV THIE DR FES J DML TN S C LICHERE NIV, HHEDXILZEH S C
&, BRI U IHC BN 2 B W R ifF OB O [RAHEN A RE L 75 %o

TEVZNE, TED a e CIKDVWT AVEWe) =h(VY) +h(W®) € Z ZRET %,
8T DEMORDVICERMIIIITICOVWT VEM OLE dimM >0 & LTEX,
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RIC 2. THBMW, F(W)~ FU)FRE0 Ll —amic k5 L, F(U) ~ F(W)
R RICRE LT E TAM [YY1I8] ICBF 5 BRI &85, D2 fHISENRD, M e
Ir(U), XP € Irr(W) (i=1,2,3) £LT, a,B,7y€CICDOVTVY@ X! c MY, Ve X2 C M2,
VIRX3 C M? ZIET %, (COXIBHAENEFEET R LI D> TWV5B, ) ZDEE
[YY18) Cld §=a+ 8-y &Lzl E, 7a—Ia BB 2HEEEICBHLT, IO L
DT kR,

[X1§X2 : W‘s%x‘f] (6 € D)

[M'®RM? : M%) =
v 0 (0 ¢ D)

, (M'RM?: U°KM?] (6 € DY)
[(X'HX?: X3 = U U
v 0 (0 ¢ DY)

CTOEME =R EESBE (C,qv) BT B DDEDEE D < Irr(W)°, D+ < Trr(U)° DR
DARHEMNT 22— a3 VAREOFMHEEICEKMENT NS 2R LTED, REZBEILEN,

BB, [YYI8] ZEHE LIFH L ToholzT &2H, [CKM17] 1BV T, VOA DILAMN
HGAonlc &, ZOXRJBOEODT 2V IVEIFOfE L Z DRAEICDONWT, 5EL GRAN
5NTHED, SHOELDOERKE (EXUEARLZL0D) HEDRRICEENTLE> T
%o 1212, [YY18] TldHAiA L > b0z d it LITE X 2 XXz HuioEbzime, o
PEZIHEIC LT3,

w1z 9 2h1e LT, MrIHREHNRRE V, 288 VOA U IZDWT W Z2Z D%
BRI, V 2 W OSBRI E LT E S Te e ORI TH 5, KiC U BT 7 «
YTRENEBD L E, TOXSICLTHENS W D (VOA LIRS W) HEKIEZNT T =
WA RBETEN, KSWBEENTNSDY, [YY18] TN E TOMmste w79 2 —
iR LIz WA S,

SE X
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