3D reflection maps from tetrahedron maps
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RIMS W7ee s THlA M RE G S & OBE D & 0L (I2BWT, WHESEXDES T
W % FNC 3IRGT K iR A D RGN Z 55 ik, BXOCZDRAICET 8% [1] 1220
THEIETWEZWz, 22T, MEARGENR S T 3OS AR &I, 2+1 %oz sl
2 EDEE % E AT, T OELIRENEEDIET ITKS W L2 EFEL TR oS HEATH
b, TNZ N Yang-Baxter RN & KEABERD 3RTICE T 2HEMTH 5. [1] PHEHIZE WV
TIEBE W7 SR 2B 2 5REA L 7223, ARElX 2 OffiiE & LT, EEHDIFIF self-contained
74 detailed (minimum) proof #3419 5.

2 #EfE
FEHZRRD7-DDHEfHE LT, WS ONTEEZITO. UFTR X 2{FEDEELT 5.
EF 2.1. R: X3 - X3 X6 Eommk HER
Ras5R135R126 R346 = R3s6R126R135R245, (1)

7232 &, R % tetrahedron map LR, Z 2T, RFEIFIHEHPIEATEIELEGD I NI %
#I.

& 2.2. R: X3 = X3 % tetrahedron map £ 35. T: X0 - X6 %
T = RassRi35R126 R34, (2)
IZEDEFKRT B L &, T % tetrahedral composite & FE3,

EFE 2.3. R: X3 - X3 % tetrahedron map £ 35, J: X* = X423 X2 £ 3ku g HfER

Rug9J3579R269R258J 1678 1234 Rus56 = RuseJ 123471678 R258 R269J 3579 Ras9, (3)
Zii7=3 L &, J% 3D reflection map &S,

Y CXC%Y = {(x1, - ,26) | 72 = 23, 75 = 26} ICLDTEDD. F72, X' h6 Y A
DA ¢ : Xt =Y, BIXOY 26 X ANOHRE o Y —» X1 %, TNEN (21,29, 23,14) =

($1,l‘2,1‘2,1‘3,$4,1‘4), (,0($1,ZL‘2,1'2,$3,$4,$4) = ($1,ZL‘2,ZL‘3,$4) tj—é’



EFE 2.4. R: X3 = X3 % tetrahedron map, T %X T % tetrahedral composite £ 3 %. T H*
reY = T(x) €Y, 4)
Zii7-9 & &, R % boundarizable LR, R D boundarizable D& &, J: X* - X4 %

J(@) = p(T(o(x))), (5)

X DEFEL, J % R D boundarization & FES.

3 EBE
PLEDHEMGDO T T, AR D D,

EE 3.1. R: X3 = X3 % R? =id, Ria3 = Rao1 21729 boundarizable 72 tetrahedron map &
T5. £/, J: Xt = Xt 2HIET D boundarization £ $5. ZDEE, R,J X 3R G R
X (8) Zi7=d.

Thbb, —MRIZEM 3.1 DZEME727 tetrahedron map (2 LT (5) Z5HT5Z & T, 3D
reflection map 232 Z &N T& 5. ZIZ T, R?=1id, Ris3 = Rag; &I FRMAIFFIHTHW S
NLZUTOMEICHRTHEDTH 5.

8 3.2. R: X3 - X3 % R? =id, Rias = Rsy1 21723 tetrahedron map £ §5. ZD& &,
XU ETU o HER

(RasoRigg) (Rs79R350 Rs0R575) (RoggRagg) (Ross Rass)
x (RgrsRi6sR1gsRevs) (Ra3aR124R 193 R337) (RasgRas6)
= (Rus6R355) (RosaRi5sR121R331) (Rgra Rigs Rigs Rers)
x (Rzs5Ro58) (Rago Roes) (Rs79Rs50 R3s5R575) (RaggRaso),

DA RVASR
i 3.2 13 mER GRREAB IO R? =id, Rigs = Ry 280 R LW Z L THOND. 2l

THEAONTEY, 1,3, THEMELBENWI LITEET 5.

4 EEBA
ML 3.1 DEEHZE4TS. £7, RICHIRT % tetrahedral composite T & H\WT (6) %

(RugoR59) T355799 (RosgRago ) (Rozs Rass) T1667ss T 122342 (RaseRase)
= (Rus56Ra55) T122341 T 166785 (Rass Raozs ) (Rago Rosg ) T 355705 (RaggRaso),

EEIFLILITEHL, FHSELERMZHIRTSIL2EX 5. (7) DEADIHF %

1<--<9<2<4<5<6<8<9, (8)



95, 7z, X006 XBADHDAAZ o X - X8 a(z) = (z,z) (ze X)) &L, XD
1,37 BHEZMORSEZE B X° — X B(ay,- - ,19) = (22,74, T5, 76,78, T9) LT D. DL
&, (7) OWLIZAEDS (id x Bla 2#iF5Z 2T

(RasoRig5) T355705(Rogo Rago ) (Rozs Rass) Ties7ss T12347 (Rass Rase ) (id x B)a

= (Rus6R355) T123341 T 166788 (R255Ra58) (Ra69 Ro6s) Ts55705 (RaggRaso) (id x B)a,
P DL DAY, R A boundarizable T (4) B D LD Z &M 5, (9) 128132 T (B) ZHWT

(RasoRigg) (¢ 0 J 0 ¢) 355795 (RosgRago ) (RossRasg)
X (¢ 0J o p)iearss(® 0 J 0 ¥)199343(RazgRase) (id X B)a
= (Rus6Ri55) (¢ 0 J 0 0)122342(¢ © J © ) 165733
x (RassRoss) (RagoRago) (6 © J © ©) 355709 (RaggRaso) (id x B)a,
CEXETIENTES.

Wiz, EHUZBOGBEIARTEIE2E25, (dxBallid X°0B% Zc XP2LT,
v:Z 5 XBEA(dxBla=allXDEDD. ThbL, vy BIZL>o T BRI %2HE
LI BEHTHD. ZOLE, (10) DELOEN Z IZJET 5 LIZERELT, Ero vy 2#135
Z&T

9)

(10)

7(RasoRizs) (¢ 0 J © ©) 355705 (RogaRaso) (RossRass)
X (¢ oJop)iesrss(P 0 J o p)i9a34a(RasgRase) (id x B)a
= 7(Ras56R355) (¢ 0 J 0 ©)123343(¢ 0 J 0 ) 165788
x (RassRoss) (RagoRago) (6 © J 0 ©) 355705 (RaggRaso) (id x B)a,
MDD, 22T, (1) D/ IFE1<---<9<1<---<9DHFD1,---,9,1,---,912&D T
RUMITFENT VWD LTS, Py X185 XB 2 iln0HMfib 5. ZorE 7 - X® Eigh
W, 7(RasoRigg) = (RusoRagg)y B LU (¢ 0 T 0 9)193341 = JasroTss797 = PazPogJastoTssmgy
IEBEKD O T Lz T, (1) 12
(RusoRigs) (P55 Pog 35799 3575) (Rogs Rage ) (Rozs Rass)
X (PogPsgJ1678J1578) (Poz PaaJ1234J1331) (RasgRuse )y (id x fB)a
= (Rus6Rasp) (Pra Pysd 12349 1331) (Pes PssJ 1678 1678)
x (RaszRoss) (Rago Rago) (P55 g 35799 3575) (Ragg Ruso )y (id x B)a,
CEZEEDLI W DONS. WAD P; #fTHHLAW, y(idx Bla=a THDBZ L x2HWNIL

(11)

(12)

(RusoRi55) (I3579J3575) (R269Ragg) (R2ssRiass ) (J 1678 1678) (J 1234 1337) (Ri55R4s6)
= (Rus6Riasp) (J1234d1231) (J1678 I 1578 ) (R258 Rass ) (Ra69Ragg ) (J3579 I 3575 ) (Ragg Raso ) v,
BESND. (13) Rk 3 3UGERH HERDERTH 2720, L ETEHANRE N 0

(13)
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