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Sucu &n algedra is called B-algsebra,

I explain how to gei theorems in the E-algebra,
6 U * x = C.
Proposition € is obtained by the definition of x < .
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9 If x* vy <L 2z, thenm x * 2z <€ v, i, =, [z * v} *
z = O implies ({(x ¥ z) * y = O,

Axiom 2 and (x ¥ y) ¥ 2 = 0 imply (x ¥ z) ¥ (v ¥ z; = 0,
By v ¥z < y, we have x ¥ z2 < vy, i, e, (x %z ; * v =2C,

v * oz,

Axioms 1 and 2 mean (z * x) ¥y < =z *¥ x and (z * y) ¥
(z * y) < (z * x) ¥ y respectively, By x * vy = 0 and the in-

equalities above, we have (z * y) * 0 < (z * x) * vy’ &< z * x,

L3
*
“
A

Hence by vroposition 9, {(z * y) * { z * x) = 0, i, e.

7 * x, Next axiom 2 and proposition 6, we (x * z) * (y * z) <

* ~ T 1

z =0 % z = C, Hence by axioms 4, 5 we have (x ¥ z) ¥

%

{ % 2% = 0 which proves proposition 10,

“j 3 r ¥~ — s/Tr ¥* 1{} * b:d
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nroposition 7, vy *Foxp ¥ 0 <Ay x) * x and ¥ < X
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12 iz * x) ¥ (y ¥ x} < z %y,
It {z * zp) * [ v * =} for x, {z %y, * x for
x and z ¥y for =z in 2, nave
(e *x) * (y*x3) * (za*y)) * ({{z*y) %z *la*

1z x ® vy ¥z o (x ¥ z) %y,
By proposition 10, v ¥ x y implies

In this formula, put 2z = (x * y) ¥z, x = {(x * z) ¥y and y =

(x * y) ¥ (z * y}, then we have

‘ v (/- \ ‘L .
<{(x*y) *z)* ({(x*y) *{({z*y)).

"he right side is C Dby the formula above, and the second term of

.

If we use the formula above zgain, we have the equality 12,

f

For the proofs of vpropositions €~13, we do not use axiom 3.

-

nY b Ny ~
YNext we prove some yropositions using axiom 3,
¥ < < - ¥ - <
14 T*Fy < ~7¥, 2T A~TIE T
: o~ Z 3 -
axioms. .l and 3, we nave
-, ,
- ¥ <7 é \N;r> ¥* l\,\_, z ) $ —
. 3 - Tty . = o' . v - { T
and moreover, by proposition 9, we have zx * {(~y) < 7.
- g / .
i5 X '5 e L~ X,
™ e wWe
L . = N A ;s  + e
supbstitute ~ (~ (~=x)) for x and ~x for v, then we have
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x < v and ¥y < x, then x = v,
where x < y is defined by x * y = 0,

With some additional conditions, I define

developed the ideal theory of Griss algebra,
representation theorem of Griss algebra, but I have not yet completed.

By the way, I give some axiom systems of the B-algsbra.  In my

seminar, we gave some new proofs of eguivalences of several axiom
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systems of the classical prepositional calculr

. ) . o o . e
41-2(1965-6), On the other hand, by my method, Roumanian mathemstician

€., Sicoe found a new axiom systems .

a) (x *y) *z € x,
b) (x * (y*z)) *(x*3z) < x* (~2),
c) x¥*y < ~ 7,

Hext I explain on proposition 19, Wnen wWe vegun our discussion of

x * 0 = x was quite useful Tor vrocfs of many
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‘he proof is very simple, A8 already seen, the tnree caniltlaasg

H

101d in the 3CI-algebra. To prove the converse, in the first IOWWJ'aé
:

N - I

put ¥y = O, then we have (x ¥ 0) * (x * z) z * O, By the second |
- Al

L ~ - s R : 1 / a3 ]
Tn the formula obtained, put vy = O, then =x * {(x ¥ 0) < 0O, This ;

means ¥ ¥ x £ 0, The third condition implies x * x = O, Hence

If axiom 4 in the BCI-algebra is replaced by " 0 € x for

~

avery x ", the algebra is called BCK-~algebra, The BCK-algebra

corresponds to the BCK-rropo:itional calculus introduced by C. A,
Heredith,

In my seminar, we nave studied on an algebraic formulation of
propositional calculi with variable functors, and members of my
seminar have obtained some interesting results. On the other hand,
by using nmy formulation, C., Sicoe has studied on an algebraic formu-
lation of the Lukasiewicz three valued logic., His result iS'containedf

[

in (1%), and it shows that my method is useful.

Finally I give some remarks on my methods.

e nope to have an algebraic formulation of NK-systems., One
vart of its formulation is contained in our papers (8), (15). 3But
the results do not give us satisfaction.

L question naturally aries how to get the substitution formulas

9

in the proof mentioned z2bove. e have not any algorithm to get these

(1

We only follow some methcdology in mathematics, 1 asked

5 ntr oo 3y A ™ maasf 3 3 + 3 rnA ~ Y
in my seminar: Are there some useful methods to introduce new mathe-

e H [ T - = Y : .
matical concepts and To get mathematical proofs? One of the answers

;
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