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HiEAK HEHR WL W® (Akira Koriyama)
gk B2 B FiE (Morimasa Tsuchiya)

P= (P, £) % finite poset &3 3,
P ® order complex % A(P) &3 3%,

i.e. C(ag,a 5o -5 an ) M n—simplex in A(P)

—

a;, <a, <..<a, B n-fchain in P

Def P #8 contractible <O polyhedron IA (P )l » contractible
E x ag ay
P= as fzez; |a(P) = a4 as
ay az ax

IZP X contractible

KRAJUTZAEXBZEHMS contractible poset FEF U b,
(1) poset ® homoiogy DUIZFTHETSELE, 1 HORTHAR ;;oset b
contractible 7 poset T&H %, _
(2) EUZETH B polyhedron (or simplicial complex ) % face poset
ZBUTHRIT SELE, RLEFXHEELIHIETS poset TH3.
(3) IEHLEET5%. (See, Quillen, Brini, Bjorner)
Mz,
P, Q: posets, PXxQ={(p, q)| pe P, qeQ}
(p,a)4(p, ,q,) iff p<p, and g<q,
T3k

Hobhic (PXQ, £) X posetTH B, ZDE&E, ROEEMMY LD,
-1 — '



178

£ ®. 7c¢PxQ: Yclosed (i.e. p<i€Z ) P& Z) subset& T 3.
VoeP,%eq WHUT
Zp = {qe Q| (p, )€ Z}
Zo = {peP| (p, a) €Z}
ML contractible

-

P2>~Q . same homotopy type

XT, 5xohk poset 5 contractible »ESHAEF DL, PEULL
> @RI Bl 21X, dunce hat DAL BAM»SEINSE, RO K D7 face poset

| i contractible »?
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Qillen i [QUI] ZBOVT, ROLIRBEMIELEEREU 2,
Def. poset P H»B C —contractible

—

BXQEP, order-pres. map f :P—>P s. t.
(1) f (x4 ) =%x4
(2) x£f (x) 2x, (for all xeP) .

Z DS contractible WRBEDHOT+H/EZHRHRRSTVEIEN, kD
E3RUTh» 3,

Lemma. f, g : P-~>P order-prs. map s. t.
f (x) gg (x) (for all xe P)
Ifl >~ |gl : homotopic , ‘
zz® Ifl ,lg laP)— |o(P) Wf, g
Do ERIhEEREER

e
(o]
e ]

. poset P » C —contractible
| 1] == €x, : homotopic
, where |1p] JJA(P) — |ACP) : identity map

€, :IA(P)I%X‘,GIA(P)I . const. map
IRHhB, PIT contractible

E»iZ C —contractibility G+ RETH23Y, EHEIPOASZE, FhE

FORITVRBETERL, Bz, il dunce hat 318 > h iz poset
B C —contractible HE3IHEZ TAHAhUE LV, 22T, BRI, C—cont

ractible &E{ER, doEBFLRTVRFELERDTHE,

Def. P : poset, P CP : Vsubset
x ¢ P M weakly comparable with p’

—

ayeP’ s. t. Xx & 'y W comparable
-4
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Def. P # weakly C —contractible
CE‘jx—;}eP, order-pres. map f : P—>P s. t.
(1) %o W minimal element
(2) f (xo0 ) =x,
(3) xo £f (x) (forall xe€P) »
(4) xgf (x) (for all x €P which are weakly comparable with
P(x, ) ={yeP| xo £¥v} )

£ H. P W2aUEDB723 poset &F 3, RDO3IDDRMHIT
BIETH 2.
(A) 3®x, € P, weak C —contraction f : P—>P at x,
s. t. f (x) =x (for all maximal elements x of P)
(B) axo € P so that P & weakly C —contractible at xo , D
P (X0 ) 3P ® maximal element 22T&V

(C) ayo € P sothat P & C —contractible at y,

(L)

(A) => (B) = (C) & easy

(C) = (A)

Vo M (i) maximal element, (i i) minimal element, (i i i) EB5HTD

2L, O3O20HFEXHITTHHATHE LY (FR)

Cor. ZHEk |A(P) & contractible T% 35 posetP #C —contractible
TRUFIBEET 3 |

xOHEEZ2E
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Z O poset i, P (xo ) B FTXRTD maximal element BEB kSR x, BF
ELRL, P> T, C—contractible TWERL,

NOTE. Z DFIL weakly C —contractible WR->TW3ZEWEH,
Ex. ROLSRXZ=ZAESEHIUR dance hat @ face poset & not C —contrac

tible , but weakly C —contractible T®% 3%,
(dunce hat &% ® face poset ZZ2oVLTWRHIFEA2ER)

The first barycentric subdivision K' of K.
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KREFTHRL —
(A2 Dmain Th.)

AT, dual
P . poset
P:

&7 3

o

C —contractible

e 2

\ %

weakly C —contractible

183

contractible

/'? open problem

”

k

B Z3EVEE contractibility COBEBREDLULARS,

dual poset (i.e. the poset with reversed ordering)

B & ;i

lA (P X |Aa(P)

—%, ROZEBHM B,

P rop C (weakly
N,
RO E=2 B
Ex
4 5
P :
\ 2 3
P X C —contra. at xo= 2
P, W not C —contra.

Cik:|

C) —contractible

DOESIE dual 23 RETE., BEFEX

P,

P, & weakly C —contra. at x,= 3

P,

It not weakly C —contra.
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