Subgroups of Richard Thompson’s group F
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1 F

Richard Thompson OfE F, T, V 1% 1965 IR X, BEOFEDMEICE EN 7%
fRE % 5 2 2 EMBERHOMBOT-DICFH SN, 2k, Zhsoffidno
PO LUWHEZFOZ EPHLPICENATETEDY, HEDERICHR A TY
3. B FRERERE S OERFETDH D, WL O ORMENZEROMESTHAHER
XNTLURE, BEEROMEZ R REEICEE M TR T 2 FEBPZH I T
W3, REGLRD DL LT, BAEKXRE [0,1] Lo XDEERMHEGE D H 2 58575
YL TCOEBEDPH S ([2]). BEF OEFAFHCET 20552 LT, F OHRIEBER D RE
DHEEP—EREHSNTWS ([1]). = AT, HFO 0,1 NOHAREHDSH T
D [EE ER T #E DR % A 3 2 W55 03 D. Savchuk [6] 12 & D BltGE . U ZHX
[ (0,1) DEEBD» SRBERANES L L, Hy % U BT EEREEET 2 EER
SHEE $ 5. Savchuk &, Hy ld F OfERIEEEA#HTH D, FIZ, U B —HEAT
H2YEHy BWFOMKEDECHRZ 2 ZRLE. 208, G. Golan ¥ M. Sapir
[3, 4] & Hy ORBIIEERHEZMBIAL TWa. 2512, 4, 5] KBTI b D[
TERATED DR S Tz, ARTTWE, EEE I Hy 28 F 0ot e L TREm
WRHEAT T 7R 2 i 3 5.

2 Richard Thompson D&t F & BElE 97 Ef

Richard Thompson O F &, [0,1] LORXp#AIZFEEESRTH D, BREO
HEATPEE 2 BR Z W00 ATREC, 0 AT AE 7R [XIH]_E D Wa R ENE 2 DI E /T DH 5
SDOEEDLOLMATHE LTEDOLNS. ZOLE, fe FIIWLT, supp(f) ={zr €
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0,1]| f(z) £ 2} &35, JZRME T2, F;={f e F|Clyy(supp(f)) C J}
G FOEAREL 725, £z, Foyy = [F,F] PRDIUDZeBHONTVS ([2]). Z
T, [F,F) & F OB TFHo 2 RT LT 5.

FAXR (0,1) DBERFTDES X IR LT, Hy % FIZB 2 X OBEERDEE T
5. 57bb, Hy={f e F|f(x)=zforeachz € X} &5 5.

TEREBERI SR AEEE Z[1/2) TRT. FROBREIEEY C [0, 1] 1EX
D=DODEBICHETELZZICHEETS: Vi =Y NZ[1/2], Yo=Y N(Q\Z[1/2]),
Y3 =Y NR\Q).

Y ={r,...,rn} C[0,1], 7j <7jy1 11,75 & Yo ITH LT,

By = Firy ) VHY{r1,r0)

95,

U% (0,1) DEREDEEL T 2. UUUs = {ry,...,r,} £FHL. 2T, <rja.
ro=0,rp1 =1, U ={q€Ua|rp < q<mp} &T5. TOEE Uy=|]_oUss
THY, $,

HU - B{To,'r‘l}UUg,o X X B{rn,rn+1}UU2,n

DI D ILD ([4, subsection4.2]).

3 BEESRDEOFESIT

G rBOBODIEAEREM n IR L T, G DFDEED S B M, (G) ZLLFD
LS WRINCIED 5. Mo(G) = {G},

M, (G) ={H|K € M,_1(G) D’FEL T H ¥ K ORKER5THE }.

BGoHLPERAE (Z(G) = (1) THd2T5. GHRZODEBNGHRG =
[Io H =1L, K 22t & n=mTdY, ififfto € 5, BFELT, BOBD
D ilZDWT Hy = Ky DD DI EDRENDS. LT TIE, e(G) T, GOHBE
M DK T REO R R T T 5.

BN G Z(G) = {1} 2723232 BOBODIEEEL n LT,

T.(G)={H < G| IEHEABEL < H BPFHEL T Z(L) = {1}, (L) =n + 1},
T(G)={H <G| Z(H) = {1}, e(H) = n + 1}(C Z.(Q))
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35, %7, BOBODIEABHn I LT, K.(G), A.(G), Cu(G) & Zhzhbd
TD kS IRIINCED 3. Ko(G) = A(G) = Co(G) = {G,

Kn(G)={H € M,(G)NT(G) | K € K,,-1(G) FEL T H ¥ K DMUKERTEE },
A G)={H e K,(G)|H =G, K € A, 1(G)DFIEL T H I K ORKEDEE |,
Co(G) = {H € M, (G)NL,(G)NT(G) | [H, H] =[G, G]"",

K cC, 1(G)DTFHELT HIZ K OMKERDHE ).
£72, K(G)=U, K.(G) T 3.

%9, BEREED EAEK C MR & 2 [EE B RSO W T T 257
5.

R 3.1. n 2 AL T &, RIEMETH 5.
(1) H € K,(F).
(2) UcCZ[1/2]UR\Q)T|U|=n%7=TdDONEFEELTH = Hy.

R, BEABEEDERL LT, EEHR TRWEHEDLETIHELED T
EZD.FT, LUFDE D ALD.

HE 3.2. n RIEAKYLY 3. o, UTFAFEETH .

(1) K(F)=U,Ki(F) BT D280 D 2 BB DROR T GOPFELTH €
Co(G) DD ILD.

(2) a,beZ[1/2]U(R\Q) & U C (Q\Z[1/2]) N (a,b) T|U| = n Ziir=3 b DA
TIELT, G = Fay, H= Fla5 N Hy(= Bapou) 2D ILD.

AR 3.3, 321k, K(F) CEIHZEMNM L 20RTFHGIE, G =
Fay, a,b € Z1/2/U R\ Q) &R 2B Z M5, ZOIZL &b, GIXF, [FF,
Fo) DWITN RN Z e DVRES.

DIFTE, £73, Foo 20, Foy 2FETI2 e 6E2 5.

EBE 34 fEFIINMLT, K< FZUTTEDS. f=1DLE K;=F, f#1
DE &, K 3REWT F O35,
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(i) f € Ky,
(1) Z(Ky) = {1},

(ii1) K; DEERARLEY K 2o E, BoBodie {1, e(K)HINL
TIFEEE m;, DFELT, K, 13 A, (F )@%ém@z}é%ﬁﬂi%@ RO D B K
THTH?,

(iv) Ck,(f) 2 ZED . Z 2T, Ok, (f) B K 2B 2 {f} oLt 5 5.

BE35. H<F, heH T2 K, =[[UNK, 522 % n: K, — K, 5%
5%, H< FHOMEOMTH 2803, Uyep{m(H) i € {1,...,e(Ky)}} C H %iifi
ETEERVS.

L(F) % F QIR OMHARET, 7— A Z L [ARTH 5 & 5 72 b 02k
MORBIEL T B, LIZL(F) DMATTHDE LTS, COLE L=Fo,Hb0iE
L=Foy OWFNHITHSZEARENS (HdEIMDILD).

COBIETIE, JEAEHn L TRDZODE G m, kIZHN LT, HIEMEED 5.

LT, X; ZUTTEDS.

o XL i mG) £
"o if m (i) = 0.

DL E,

n+1

HX H (L x [F, F™0=1 % L) x Frl=IPl [2P (R, F]Ziep(m(i)—l) x Fri=IPly,
iEP

ZZC, P={ic{l,....n+1}m@) A0} WE, I =n+3Y"m@E) 2BLE,

2P|+ icp(m(i) = 1) +n+1—|Pl=1+1 ff?b)f’o,

n+1 I+1

[Ixi=][Rr. Rie{L[FF]F}
=1

i=1

LFIL. Y e {L[F,F),F}NLT, Qyr ={je{l,.., |+1}|R =Y} ¥
5.k {l,... 0 +1} > ZsgZBIT5. Y € {L,[F,F],F} £icQyiTNLT,



iy & Criy(Gy) DHBILET B, TIT, Gy i, K(F) KBS H 280D 5 EBE
KO DHHRFEHTHY, Y LRABTHE2DDETE. Bl ITRNLT,
Qve=1{J € Qv |k(j) = c}

E3AH. DLk %, QY - I—lceZzo QY,c- L\i,
H Zrw)y = ngy’c|> H Zryy = H ( H Zi(i)y)
1€Qy,c 1€EQy c€Z>o 1€Qy,c
WKHEETUR,
I Il%er= II 125
Ye{L,F,F]|,F}i€Qy Y €{L,[F,F]|,F} c€Z>

rEITB.

BOBODIFAE r LT, E(F) C M(F)NL.(F) BXTED . &(F) =
(F}, &(F) = {H € M (F)NIL.(F) | LLF D&M (i), (i) 277}

(i) K € &_1(F) BFEL T H ¥ K DMK HE,

(it) n € Zso, m : {1,....n+ 1} = Zso, k: {1,..., 1 + 1} = Zso DEFEL T,

T—Z+Zl+1 ()
II Il Zox

Y€E{L,[F,F],F}icQy

MDD, 22T, l=n+ 1 m@i) £ T 5.

H

I

ORI AIRVAS)
EIE 3.6. r ZIEABK L T3 =, IFEMHTH 5.
(1) H € &.(F).

(2) UcC(0,1)T|U|=rZili/sdDIFELT H = Hy.
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