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1 FL®IC

FZIE7ZNVFXTFANEKAE L, G &2 F FERS W EEHREEe 52, 2ot GF) o C Lo
AL —ARIARERD 572 58 R(G(F)) IZOWTOMERF2 Z id, RIGHCEEGH D XIRICHWTEER
MIETH 2. R(G(F)) iZ2WTIX, Bernstein 70 v 7 & BN 2 FeliGEls7 B D57 iR

R@GE) = ] R 0)
[M,o]a
PHIENTWS., LR LIZTHRAFEAR G D Levi 7R M &, M(F) OBFIERHEEER o Offl (M, 0)
DY) FMER RO N TOREE2AEZIZL 2 GEld 2 HizZR).

GF) OFay 7 Va8 K &, 20BN R L —XKRH p Ol (K,p) »%, Bernstein 78 v 7
RIMole (G(F)) 12HET % type TH % £ 1&, p-isotypic part TERE NS G(F) DR L —RAKBELED S
7% R(G(F)) OFIGEDED, b x5 RIMe(QF) vt —FHFTzrx20S. 2ok x RMe(G(F))
&, (K,p) IZfIBES 2 Hecke 3 H(G(F), p) LoHMBERAE» 2 2E L EFETH S Z BN TVDS
GHix 4 HizZM). UEXD, ROZOOMENEETH 5.

e % Bernstein 71 v 7 RIM-7le(G(F)) 12t LT, (BT % type (K, p) 2T 5.
o THERR L 7 type (K, p) i&DWT, B3 % Hecke B H(G(F), p) O & RIGHZ AN 5.

AFFTIE NS DREICOWTHGRT 5.

2 s r#EfE
FERIET7NFXTFTANRFKRL L, ordp: F — RU{oco} % F OIMENMELE T35, 22 L227T,
ordp(FX) =7Z L IFHELTBL. Op 2 F DEHEIRE L, Pr BEDMKATTINE TS, kp = Op/pp &
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L, qr & kp O, p % kp ODERET 5.

G% F FEZRIOh-EBEOREE T2, RGF)) % G(F) DA L—XRB2RORTEL L,
Ir(G(F)) % G(F) OBIRBASERKOBTEELT5. P% G OWEESHE L, M %% ® Levi factor,
U %2 0RHIREY 35, M(F) ®2A—XEHR (1, W) KN LT, G(F) DR 5—ZHH (15(r), IS(W))
% 2 fH

IS(W) = {f: G(F) - W: RFTE8BI%L | f(umg) =7(m)- f(9) (u € U(F),m e M(F),g € G(F))}

o GF) oAERIRBE LTEDS. ZOLSICLT M(F) DRAL—=XRBL (r,W) LT, G(F) D
AD=ZXFRH (15 (7), I§(W)) ZXIEX € 2 R ELHRYBRFEL WS . G(F) OBFIRA L —XKBL (1,V) 28
G(F) OBRRARATH I X, G OTEDOBWEE7HE P C G £ Z® Levi factor M BX U M(F) DR
L—ZARB T LT

Homg ) (m, 15 (7)) = {0}

PEDIOZzWnS. XiH(G) TF EERSN G ORBIEEREDO LT 7 — A2 KT, G(F) DiH
G %

G' ={g e G(F) | ordr(x(9)) = 0(x € X5(G))}
TEDS. G(F) D x M FARIETH2 3 G FAHTH 22205, G(F) ORDBEESAEOES
% Xunr(G) TRT. G 22D Levi fi0HE M ICWMOEZ ST, M IZHLTHRRCLOERPILSZ
ED 5.

G ORFMRT7 LI1Z G D Levi#Hinht M & M(F) OBIEREEIH 0 DR7 (M,0) D2t 35, RE
BT (My,01) & (Ma,0q) # inertially equivalent TH 2 13, 2 g € G(F) & x € Xunr(M2) DFEEL
T (IMy,9%1) = (M, 09 @ X) DEDIIDZ R WVS . ZORERRICET 2 REMRT7 OFEE% inertial
equivalence class & FEQN, RFEMIRT (M,0) IZH L TZD inertial equivalence class & [M,o]g TET.
B(G) T G ORI D inertial equivalence class 2ADEEERT.

(M,0) % G OREMRT7 T 3. G(F) DR L —XRH (7, V) TH->T, M % Levi factor iIZH> G
DI THE P & x € Xune (M) HFEL T

Home (r)(m, I§ (0 ® X)) # {0}

kBT HORMED SR Z2EEE M) (G(F)) TERT. ZO%EAEE (M,0) ® inertial equivalence class
LA S 00T Irole (G(F)) = e ™M) (G(F)) L ED 22 e M TES. G(F) DEFIR 5 — RFEB
T THoT, FEOBHRIESTEH IrMole (GF) ICEEN2 X5 D2hh 575 R(G(F)) DIy
% RIMcle(G(F)) ¥&EL. ZD¥ % Bernstein 2 & FHIN 2 RO RDHI STV S [Bersd]

R(G(F) = [ R (GF).

seB(Q)

BRI E R (G(F)) % R(G(F)) ® Bernstein block ¥\ 5. Bernstein 27#i2 & D R(G(F)) % FfRS
%2\ [HREIE, 4% Bernstein block ZHfES 2 ¥ WS EICHEI XN S.

3 G = SL, DIBED Bernstein block D&

Z DOHITIE G = SLy DHFEITDOWT D Bernstein block D&% #E T 5.



Example 3.1 7 % SLy(F) OBIBRAEI L U s = [SLa, wlsp, € B(SL2) £ 35. ZDE ZLIRAD
iYASR
R*(SLy(F)) ~ C — Vect .

7272L C — Vect TC-RZ MAZEHERDLRTEEZXRL, Mldr— CTEX615.

Example 3.2 T ZXAITH2EDR T SLy DMK M —F 22 L, B % E=A1TH2KD7 3 SLy @ Borel
Hatr 35, trive TT(F) OHHREERL, sr = [T, trivy|sL, € B(SLa) &K, ZOL XERDPS
I35 (trivy) € R°T(SLa(F)) TH 3. E 512 SLy(F) @ HIARH trivsr, 1& I3 (trivy) OMHRBTH Y,
BARBL Stsp, = I52 (trivy)/ trivey, BEIRETH 2 Z M5 TWS. —HTINSDR TR

1 — trivgr, — I;Lz (trivp) — Stsr,, — 1

BRHLEW.

4 Type DIFH
Z OHiTld Bernstein block D& Z #2720 Dk L LT type OHEH & MHIN 2 HERmEHEN T 5.

Definition 4.1 s€ B(G) L, K % G(F) ®fa> 7 VS8, p% K OB A L —XRBIL T 5.
ZDE ERT (K,p) D s-type, B 5\ iE Bernstein block R*(G(F)) IfTFEF % type T % LXK D 37
DIV !

Irr*(G(F)) = {7 € Ir(G(F)) | Homg (p, 7 [k) # {0}}.

type WA Z 2 TUUR®D & 512 LT Bernstein block D&% FANRS Z 2 B TE 3.

Proposition 4.2 ([BK98, Theorem 4.3]) s € B(G) &L (K,p) & s-type £55%. ZD¥ ZXRDEIH

H23H %
R*(G(F)) ~Mod —H(G(F), p).

72720 22T H(GF),p) 3FTERIND (K,p) IIFET % Hecke BE R L, Mod —H(G(F),p) &
H(G(F),p) LotmitekonsEzELT.

Definition 4.3 (Hecke 38) (K,p) % G(F) OBia > 27 N9 E L ZDBNRA L —XRBHDORT LT 5.
ZOLE (K, p) HIhis % Hecke B2 1E C-R 2 b ILZER

H(G(F),p) ={f: G(F) — Endc(p) : compactly supported | f(k1gke) = p(k1) o f(g) o p(ke) (k; € K,g9 € G(F))}

CBAABTHEANTELNS C-RETHZ. THDD f1,fo € H(G(F),p) CHLTZOM f1 + f»
H(G(F), p) K
(fr * f2)(g) = / fi(@) o falag)dz

G(F)

TERINS.

Remark 4.4 Hecke B H(G(F),p) 12 C-REr L THIFAE Endgp) (indg(F)(p)) bl 5 i
T % % . Proposition 42 O EFAEE = € W@@»KﬂLTHmmm@ﬁm@m>%ﬁ
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J& &, Endgr) (indi(F) (p)) » indS 7 (p) ND AR ERHWT Homg () (indf((F)(p),w> Iz
H(G(F), p) ~ Endg(r (ind?“ (p)) DHEIER%Z AN S Z e TEBR 2.

Proposition 4.2 % i\ % Z ¥ T Bernstein block O &2 TN 2 &5 B, type 2K L 24U
i3 % Hecke IROWME & RILFAHEZFANRZ L WHRBEALIFE IS, UTF TR IS DEICOWTHEm %z
175.

Example 4.5 G =SLy &L,
a b x
I:{(C d)eSLQ(F)|a,de(’)F,be(9F,cepF}

LEDD. trivi B I OHHARBE $5. 20 % Example 3.2 DiB5D b & TRY (I, trivy) I sp-type T
H3. THIWTHET % Hecke R

H(G(F), trivy) = Co(I\ SLy(F)/I)
EROARITT L BIGRIC & 3 FR e RO,
(To, Ty | (T; — qr)(T; +1) = 0(i = 0,1)).

2 A, B0 affine Weyl B0 qp-ZI 2 LTHE SN2 affine Hecke BBTH D, ZOXRBHIELFANSN
TW3.

5 Depth-zero types

Z OHiTlE depth-zero type ¥ WX 2 FiA)7% type 2 A L, Z D Hecke ERDOMIEIZE S % Morris DG
REMNT 5. OO ZOHIIKRD GIFFHEMBEETH 235, ZOREZHAZHRICT 272D
ZIoboThHY, WYIREBIEELZT S Z & T ROERRERHN L THRAKOER ERIBELN 5.

K % G(F) @ parahoric 5782 L, K, 2% ® pro-p radical £ §5%. 2Dt %H 2 kp LOFEIEH

G DFEL THRR R

DD SO,
Example 5.1 G =SLy £33. K=SLy(Op) 55

K, ={g € SLy(OF) | g = I, mod pr}
THD, 2oL E K/K, ~SLy(kp) TH%.

Example 5.2 G =SL, ¥ $%. Example 3.2 DitEDdb L TK =133t

I+:{(Ccl Z) eI|a,d€1+pF}

I/ ~ {((t) t01> |t e k;} ~ GL1(kr)

ThhH, ZOLZE

ThH5.



F LoORBELORIUTH T 2 BREANEHDOER L FAKIC LT, kp LOREEFORIITH L TRANERH
YOWIBMAERED S LN TES. p & Gilkp) DERIRENFEIRE T 5. p% K/K, OFBRELABL,
X5z Ky FHWZ K OEFIR L—XFHY bFA—H0T 5. 20 RPMDH IO,

Proposition 5.3 ((MP96]) %2 s € B(G) BFELTRY (K, p) & s-type £72 5.
ZOEIIILTHELNDERT (K,p) % depth-zero type £\ 5.

Remark 5.4 —f%IZ Moy—Prasad filtration & W5 #&%zHW\2 Z & T G(F) ®FII*, Bernstein block 12
LT depth WS IEAEREER TS D TES. ZDE % depth-zero type i depth 23 0 @ Bernstein
block (depth-zero block) WZATHES % type 12725 TW5. depth-zero block 137 FRHI R EHE O £ BiGm & %
BICERLTED, %D Bernstein block IZHARTIE B PIZTARRTVH DL o TW 3.

Example 5.5 Example 4.5 TH#5X7 (I,trivy) 1& depth-zero type T®H 3.
depth-zero type IZfJBE3 % Hecke IRDME X Morris 12 & » TR LTV 3.

Theorem 5.6 ([Mor93, Theorem 7.12]) (K, p) % depth-zero type £ %. D& & (K, p) ITIFET
% Hecke 3R H(G(F), p) \&2WT Example 4.5 L HLIOERIT  BGRNIC X 250d03H 2. K DEEAIICIE,
H(G(F),p) 13® % affine Hecke BRt » 218N BEROFER L AR TH 5.

Theorem 5.6 12 & D, depth-zero block D&% affine Hecke BROFIHGHmE AW THE T2 BN TE 3.

6 Kim=Yu types

Z OHiITIX depth-zero type Z —f¥{t L TS5 2 Kim-Yu type £\ 5 type 25N T 2. LIRTIEXR%E
RETS :

Assumption 6.1

1. GIE F O® 250K THHT 5.
2. pliE G ® Weyl Bt Wg OAEZE S0,

ZOLEIED s € B(G) IR LT s-type DEAKNLBHEOIHI SN TV S,

Theorem 6.2 ([KY17], [Fin21], [FKS23]) s < B(G) £35%. ZO¥ X Kim-Yu type LIS s-
type (K, p) BRI BEERDITFEL, KA DILD. G OERIERSHE GO ¥ GO @ depth-zero type (K°, p°)
THoTUREHTHLOVEILET S ©

1. 88 K c K38 K°/K) ~ K/K, 2#83 5. 2L K}, K, 3zhzh K° K O pro-p
radical 27

2. 3 K OFFRIRE k FEL, FH p ~ inf(p°) @ k DD IO, 72720 inf(p°) & K — K/K; ~
K°/KQ & p° ofmeRT.

Remark 6.3 HRFETIE v OEBEKWNZREBIIBNIZVD, k 1IZERAE LD symplectic #D Weil IO MG
EHOWTHBRENZRHTDH 5.



Remark 6.4 Kim-Yu [KY17] 2 & % Kim-Yu type OfERIZDOWTIE Assumption 6.1 X E R, ZD
MR TRETD s € B(G) ITH LT s-type 2152 Z e TE 2 W5 FIROFERITIC Assumption 6.1 23AE & 72
%. ZOFEiRIX Fintzen [Fin21] 12 & » TAEH X 1L 7-.

Remark 6.5 AFTIIILA D [KY17] 12X % type DK TIZR <, ZhE [FKS23] TER I MR EIEIE
TR T-HEERZHWS. T4 OO % T, KO TEH Theorem 7.1 13D I7=740. (EBRICR G
FET5.)

7 EEE

Theorem 6.2 12X 3 LEED s € B(G) iR LT R(G(F)) icfthi3 % Kim-Yu type (K, p) 2SFET 57
&, fEE D Bernstein block O#EZ FNR 2 72 HITIFER D Kim-Yu type (2B 3 % Hecke IRDOMEED DA
AUFRWV. —4 T Kim-Yu type 1¥® % depth-zero type (K, p°) ¥ Z#ICBAR L TH D, depth-zero type
WZATRES % Hecke BRIZDWTIE Morris 12 & 25725018235 5. 2 D depth-zero type 12 FFE3 % Hecke R
% Kim-Yu type I2{TFE3 % Hecke BRE FEUDUF 2 DDBAROEEHTH 5.

Theorem 7.1 (K, p) % Kim-Yu type ¥ L, G° (K° p%) % Theorem 62 DdbDrT%. ZDk & CAR
BoFx

H(GO(F), p") = H(G(F), p)
DBFET 5.

REHEIITCA s = [G,7]g LWV IFBOHEIIE [Yu0l] KL > TFRIATED, HEHH [Oha24] 2BV
TZDOFPEEMIRL. Theorem 7.1 DFIRIZZ DHERE —fRD s € B(G) Nk L7 DTH Y, WFEH
@ Jeffrey Adler, Jessica Fintzen, Manish Mishra & OFFIFILIC X 2FERTH 5. — R DEE 21T Hecke
BOWED s = [G,7]q DHBEWHARTEMETH D, Theorem 7.1 DFFABIX 2 0 ICERKTHEL DD L2 -
TW3.

H(GO(F), p°) O#E:Ei1E Theorem 5.6 12 & o TEHAMNCFIRX N T WS 78, Theorem 7.1 L &bHHE 2 Z ¥ T
—fi%D Kim-Yu type I2f15 3 % Hecke IRICDWTH ZDERMIT BARRIC K 250 Z/[2 e TE 5. %
7z, Proposition 4.2 12 X 2@ GbE 2 Z e TUTORZES.

Corollary 7.2 s€ B(G) £ 3%. 2Ot & G OffifHaH GO ¥ 5% € B(GY) TH o> TREATDHOH

FES 3 . BFRE .
R*(G(F)) ~R* (G°(F))

DEFEL, X512 RS (GY(F)) & depth-zero block T 3.

L DRIFEE D Bernstein block 235 % depth-zero block »* BFfETH 2 WS Z e ZFERLTWVW3,
Remark 5.4 T~ 7z & 512 depth-zero block 13 Z D EREHRBBORBR L OO EHh 65— KD
Bernstein block (2R TIEFEICHHRPL T W block ¥ 725 TWwa. Corollary 7.2 13 p-#EBED RGO 4 72
2% depth-zero DHFENLIFEZIND Z L ZRBLTED, 20X 5 RAMDIGHNSGHZRAFENS.
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