Enriques surfaces and root systems
— Enriques surfaces of type E7 —
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An Enriques surface S is called of type E7 if the twisted Picard lattice
Pic¥S contains the (negative definite) root lattice of type F7 as a sublattice.
Assume that S is not of type Fg or E7 + Ay. Then the period of S of type
E7 is the same as that of a curve of genus two y? = g1(x)go(2)g3(z) with
a Gopel subgroup, where g1, g2, g3 are quadratic polynomials. An Enriques
surface S of type Fr is birationally equivalent to the quotient of a quartic
surface {(Ayxt +yz) + (Agyt +x2) + (Aszt +xy)}2 +4Dxyzt = 0 C P3 by the
standard Cremona transformation (x : y : z : t) — (1/(A1x) : 1/(Agy) :
1/(Asz) : 1/(A1A2Ast)). Moreover, the coefficients Aj, Ag, A3 are equal

to D(g1)R(g2,93), D(92)R(g1, 93), D(g3) R(g1, 92) and D = {det(g1, g2, 93)}>,
where D(g;) is the discriminant, R(g;,g;) is the resultant and (g1, g2, g3) is

the 3 x 3 matrix whose entries are the coefficients of ¢1, g2, g3.
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